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VIBRATIONAL SPECTRA OF THE (NH4)2BeF4

CRYSTAL IN THE PARAELECTRIC PHASE

The vibrational spectra of the (NH4)2BeF4 crystal in the paraelectric phase (the space group
symmetry No. 62) have been studied. In the framework of the group-theoretical analysis, the
symmetry of vibrations in the crystal is classified. Using the first-principles approach and in
the framework of the density functional theory and the density perturbation functional theory,
the dispersion of phonons and the frequencies of the vibrational spectrum of the (NH4)2BeF4

crystal are calculated. To describe the exchange-correlation interaction of electrons, the gen-
eralized gradient approximation is applied. 180 vibrational modes are found in the vibrational
spectrum of the examined crystal. The infrared and Raman spectra of the (NH4)2BeF4 crystal
are calculated and compared with experimental ones.
K e yw o r d s: phonon, ammonium fluoroberylate, DFPT, group theory, infrared spectra, Ra-
man spectra, phonon density of states.

1. Introduction

Crystals of ammonium fluoroberylate (NH4)2BeF4

(FBA) are a dielectric material isomorphic to am-
monium sulfate ((NH4)2SO4). They are an interest-
ing research object due to the presence of atoms of
light chemical elements, such as hydrogen and beryl-
lium, in the FBA composition. Furthermore, fluorine
atoms have the highest electronegativity among all
other chemical elements, which can be reflected in
the properties of materials that contain them.
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(NH4)2BeF4 crystals are grown from an aque-
ous solution by either evaporating the solvent [1]
or lowering the temperature [2]. The starting mate-
rial is the salt (NH4)2BeF4, which is dissolved in
demineralized water. It is known that the crystals
are transparent and colorless. At room temperature,
(NH4)2BeF4 crystals have the space group symmetry
𝑃𝑛𝑚𝑎 (group No. 62) with the lattice parameters 𝑎 =
= 7.531 Å, 𝑏 = 5.874 Å, 𝑐 = 10.399 Å, 𝑉 = 460.02 Å3,
and 𝑍 = 4 [3]. This crystal phase is paraelectric
[4]. As the temperature decreases, two phase transi-
tions occur: at the temperatures 𝑇 = 182 and 175 K
[3,5] (Fig. 1). Between them, the crystal is in a phase
with an incommensurately modulated structure with
the modulation vector q = 0.5a* [6]. At the temper-
ature 𝑇 = 175 K, a cell-doubling (𝑎 = 2𝑎0) phase
transition takes place with the transformation of the
crystal structure into a structure with the space group
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Fig. 1. Schematic diagram of the temperature distribution of the phases and phase transi-
tions of the (NH4)2BeF4 crystal

symmetry 𝑃𝑐𝑛21 and the parameters 𝑎 = 14.997 Å,
𝑏 = 5.860 Å, 𝑐 = 10.402 Å, and 𝑉 = 914.1 Å3 [3]. This
low-temperature phase is ferroelectric.

The study of Raman spectra is an effective method
for analyzing the dynamics of the crystal lattice and
the molecules of substances. Together with infrared
spectra, such studies make it possible to study and
analyze optical vibrations of the structural elements
of crystals. These two methods are complementary,
and together they provide information about various
types of vibrations in the material. Earlier, the in-
frared spectra of the (NH4)2BeF4 crystal were stud-
ied in a wide spectral interval in work [1]. M. Wa-
da et al. performed temperature studies of the Ra-
man spectra in the frequency interval from 0 to
200 cm−1 [7].

A small number of experimental studies carried out
in a narrow spectral frequency interval and with a low
resolution do not allow the vibrational spectrum of
the crystal to be analyzed in detail. At the same time,
theoretical calculations of the vibrational spectrum of
the (NH4)2BeF4 crystal have not been done yet.

In this work, a theoretical study of the vibra-
tional spectrum of the (NH4)2BeF4 crystal in the
paraelectric phase has been carried out. Using the
group-theoretical analysis, a symmetry classification
of phonon modes is made. In the framework of the
density functional theory (DFT) and the density
functional perturbation theory (DFPT), the vibra-
tional spectrum of the (NH4)2BeF4 crystal is cal-
culated. The infrared and Raman spectra are also
obtained using the generalized gradient approxima-
tion (GGA).

2. Technique of Vibrational
Spectrum Calculation

The vibrational spectra of the (NH4)2BeF4 crystals
are calculated using the CASTEP program [8, 9],
which is a software implementation of the density
functional theory [10]. As initial calculation param-
eters were chosen the crystallographic data obtained

for the (NH4)2BeF4 crystal in work [3]. The system
energy was obtained from the self-consistent solution
of the Kohn–Sham equations [11]. The wave functions
of the valence electrons were described by flat Bloch-
type functions [12]. The electronic configuration of
the valence electrons was taken as follows: H 1𝑠1,
Be 2𝑠2, N 2𝑠2 2𝑝3, and F 2𝑠2 2𝑝5. The plane-wave
cutoff energy was 𝐸cut = 850 eV.

The norm-conserving pseudopotential method was
applied to describe the core electrons [13]. The
exchange-correlation interaction was described using
the generalized gradient approximation (GGA) with
the Perdew–Burke–Ernzerhof (PBE) parameteriza-
tion. The integration was performed on a 4× 5× 4
𝑘-grid, which was selected using the Monkhorst–
Pack method [14]. The phonon spectrum was calcu-
lated by applying the finite displacement method in
the framework of the density functional perturbation
theory [15].

When constructing the phonon dispersion 𝜔(𝑞)
in the studied material, frequency calculations were
performed for various 𝑞-points in the first Bril-
louin zone. Before calculating the phonon spectrum,
the crystal lattice structure was optimized. For this
purpose, the Broyden–Fletcher–Goldfarb–Shanno
(BFGS) algorithm was applied to the experimen-
tal lattice [16]. The convergence criteria for the op-
timization were as follows: the convergence of the
self-consistent field was 10−6 eV/atom, the energy
was 5 × 10−6 eV/atom, the maximum force was
1 × 10−2 eV/A, the maximum pressure was 2 ×
10−2 GPa, and the maximum displacement of atoms
was 5× 10−4 Å.

3. Results and Discussion

3.1. Structure of (NH4)2BeF4 crystals

The crystallographic parameters of the (NH4)2BeF4

crystal were used as initial data for calculating the vi-
brational spectra. Information about the structure of
the studied material was taken from work [3], where
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X-ray studies were performed. The crystal lattice
parameters and the relative atomic coordinates are
quoted in Tables 1 and 2, respectively.

In Fig. 2, the schematic diagram of the crystal lat-
tice of (NH4)2BeF4 is shown. Here, the blue, white,
green, and red balls correspond to nitrogen, hyd-
rogen, beryllium, and fluorine atoms, respectively.
The figure demonstrates that the atoms in the cell
form tetrahedral complexes of two types; namely,
the cationic group [NH4]+ and the anionic group
[BeF4]2−. Both complexes consist of chemical ele-
ments of two types, which have a relatively small
mass. The presence of such isolated complexes sug-

Table 1. Experimental values
of the lattice parameters of the crystal
(NH4)2BeF4 in the paraelectric phase
and the corresponding theoretical values
optimized using the GGA-PBE functional

Parameter Experiment [3] Calculations

Space
group No. 62 62
𝑎, Å 7.531 7.587
𝑏, Å 5.874 6.830
𝑐, Å 10.399 10.941
𝑉 , Å3 460.02 566.95
𝑍 4 4

Table 2. Relative coordinates of atoms
in the crystal lattice of (NH4)2BeF4 salt
taken from work [3] and obtained using
the GGA-PBE functional

Atom
Calculations (GGA-PBE) Experiment [3]

𝑥/𝑎 𝑦/𝑏 𝑧/𝑐 𝑥/𝑎 𝑦/𝑏 𝑧/𝑐

N1 0.1850 0.2500 0.09900 0.1804(6) 0.25 0.0968(4)
N2 0.4610 0.2500 0.80440 0.4687(6) 0.25 0.8059(4)
Be 0.2505 0.2500 0.41840 0.2466(7) 0.25 0.4180(5)
F1 0.0531 0.2500 0.38170 0.0502(4) 0.25 0.3933(3)
F2 0.2747 0.2500 0.56390 0.2856(4) 0.25 0.5620(3)
F3 0.3354 0.0348 0.36380 0.3278(3) 0.0365(3) 0.3588(2)
H1 0.3137 0.2500 0.12440 0.288(7) 0.25 0.108(4)
H2 0.0996 0.2500 0.17110 0.109(7) 0.25 0.156(5)
H3 0.1639 0.1137 0.04970 0.167(4) 0.115(5) 0.048(3)
H4 0.4897 0.2500 0.71060 0.491(7) 0.25 0.739(5)
H5 0.5686 0.2500 0.85960 0.547(7) 0.25 0.856(5)
H6 0.3854 0.1174 0.82380 0.392(4) 0.115(5) 0.823(3)

Fig. 2. Crystal lattice of the (NH4)2BeF4 crystal obtained
using the VESTA program [17]

gests that these specific features of the material may
manifest themselves in its properties, in particular, in
the electronic structure and the vibrational spectra.

Before calculating the vibrational properties, a
mandatory geometric optimization of the structure
was carried out. This stage is important for obtaining
a well-relaxed crystal structure and, as a consequence,
correct results. In this work, a full geometric opti-
mization was performed, which included the search
for equilibrium lattice parameters and atomic coor-
dinates that corresponded to the ground state of the
system. During the optimization procedure, the sym-
metry of the unit cell was fixed. The crystal lattice
parameters of the ammonium fluoroberyllate crystal,
which were obtained using the geometric optimiza-
tion method, are given in Table 1, and, for compari-
son, experimental data of X-ray analysis taken from
the literature are also quoted [3].

As one can see from Table 1, the functional param-
eters of the crystal lattice optimized using the GGA-
PBE method are close to the experimental ones. For
the optimized structure, the lattice parameters are
overestimated, and, as a result, an increase in the
unit cell volume is observed. Such an overestimation
was observed earlier for some other crystals [18–20],
and it can be attributed to the general characteristic
of optimization based on the GGA-PBE method. The
lattice parameter 𝑎 of the (NH4)2BeF4 crystal almost
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coincides with the experimental data (the deviation
is less than 1%). The parameters 𝑏 and 𝑐 demon-
strate larger deviations equal to 16% and 5%, re-
spectively. The volume of the optimized crystal lat-
tice is larger by 23% than the experimentally ob-
tained value.

3.2. Symmetry classification of the vibrational
modes of the (NH4)2BeF4 crystal

In practice, the most interesting to study are the first-
order phonon spectra, when excited are the vibra-
tional modes of the crystal that are close to the cen-
ter of the Brillouin zone (point Γ). In such studies,
the magnitude of the light wave vector is substan-
tially smaller than the size of the first Brillouin zone
of the crystal. As a result, in most cases, the analysis
of phonon spectra is concentrated at the center of the
Brillouin zone (k = 0).

The symmetry classification of vibrational modes
of molecules and crystalline materials makes it pos-
sible to find out possible types of vibrations in the
structure, find their number, symmetry, and degen-
eracy, and, according to the selection rules, deter-
mine allowed transitions. The classification of vibra-
tional spectra is carried out using the group theory
methods described in work [21]. The general method
of vibrational classification uses the theory of char-
acters of irreducible representations; it is based on
finding the complete vibrational representation and
its subsequent expansion into irreducible representa-
tions of the crystal factor group. The character of the
complete vibrational representation 𝜒(𝑅) is defined
as follows:

𝜒(𝑅) = 𝑛0(𝑅)(±1 + 2 cos 𝜃𝑅), (1)

where 𝑅 is the symmetry element of the crystal factor
group, 𝑛0(𝑅) is the number of atoms that remain in
place after the symmetry operation 𝑅 with an ac-
curacy of the primitive translation vector, and 𝜃𝑅
is the rotation angle under the symmetry operation
𝑅. The sign in the expression is chosen to be positive
for proper rotations and negative for improper ones.

The character of the complete representation 𝜒(𝑅)
contains the characters of both acoustic and optical
vibrations,

𝜒𝑎(𝑅) = ±1 + 2 cos 𝜃𝑅, (2)

𝜒opt.(𝑅) = (𝑛0(𝑅)− 1)(±1 + 2 cos 𝜃𝑅). (3)

Using the reduction formula, the representation
character of optical vibrations can be expanded into
irreducible representations of the crystal point group
𝐺0 as follows:

𝑚𝑖 =
1

ℎ

∑︁
𝑅

𝑁𝑗𝜒opt.(𝑅𝑗)[𝜒
𝑖(𝑅𝑗)], (4)

where 𝑚𝑖 is a number showing how many times the
𝑖-th irreducible representation of the group 𝐺0 is con-
tained in the vibrational representation 𝜒opt.(𝑅), ℎ is
the order of the group 𝐺0, 𝜒𝑖(𝑅𝑗) is the character
of the 𝑗-th irreducible representation for the opera-
tion 𝑅𝑗 , and 𝑁𝑗 is the number of operations of the
𝑗-th class.

As was mentioned above, the crystal lattice
(NH4)2BeF4 belongs to the orthorhombic system
with the space group symmetry 𝑃𝑛𝑚𝑎 (No. 62). It
is isomorphic to the point symmetry group 𝐷2ℎ. The
order of this group equals ℎ = 8. For the crystal lat-
tice of (NH4)2BeF4 in the paraelectric phase, the fol-
lowing symmetry operators are available:

{(x, y, z )|(0, 0, 0)};
{(–x, –y, –z )|(0.5, 0, 0.5)};
{(–x, y, –z )|(0, 0.5, 0)};
{(x, –y, –z )|(0.5, 0.5, 0.5)};
{(–x, –y, –z )|(0, 0, 0)};
{(x, y, –z )|(0.5, 0, 0.5)};
{(x, –y, z )|(0, 0.5, 0)};
{(–x, y, z )|(0.5, 0.5, 0.5)}.

A unit cell of the (NH4)2BeF4 crystal contains
𝑍 = 4 formula units, so the number of atoms con-
tained in it equals 𝑁 = 15𝑍 = 15 × 4 = 60, where 𝑁
is the number of atoms in the formula unit. While
performing the symmetry analysis of (NH4)2BeF4,
the entire lattice was taken into account, because this
structure does not contain a primitive lattice. The-
refore, in order to describe vibrations, it is necessary
to take 𝑁 = 60 atoms into account, which ultimately
gives 3𝑁 = 180 different normal modes in the phonon
spectrum of the crystal.

Table 3 demonstrates the characters of the point
symmetry group 𝐷2ℎ. The elements of this group are
as follows: 𝐸 is the identity operator, 𝐶2(𝑥) is the
second-order symmetry axis directed along the 𝑥-axis,
𝐶2(𝑦) is the second-order symmetry axis directed
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Table 3. Characters of irreducible representations for the point group 𝐷2ℎ

𝐷2ℎ 𝐸 𝐶2(𝑧) 𝐶2(𝑦) 𝐶2(𝑥) 𝑖 𝜎(𝑥𝑦) 𝜎(𝑥𝑧) 𝜎(𝑦𝑧)
Linear

functions
Quadratic
functions

𝐵2𝑢 1 –1 1 –1 –1 1 –1 1 𝑦

𝐵1𝑢 1 1 –1 –1 –1 –1 1 1 𝑧

𝐵3𝑢 1 –1 –1 1 –1 1 1 –1 𝑥

𝐴𝑔 1 1 1 1 1 1 1 1 𝑥2, 𝑦2, 𝑧2

𝐵3𝑔 1 –1 –1 1 1 –1 –1 1 𝑅𝑥 𝑦𝑥

𝐴𝑢 1 1 1 1 –1 –1 –1 –1
𝐵1𝑔 1 1 –1 –1 1 1 –1 –1 𝑅𝑥 𝑥𝑦

𝐵2𝑔 1 –1 1 –1 1 –1 1 –1 𝑅𝑦 𝑥𝑧

along the 𝑦-axis, 𝐶2(𝑧) is the second-order symmetry
axis directed along the 𝑧-axis, 𝑖 is the inversion oper-
ator, 𝜎(𝑥𝑦) is the plane of symmetry reflecting in the
𝑥𝑦-plane; 𝜎(𝑥𝑧) is the plane of symmetry reflecting
in the 𝑥𝑧-plane, and 𝜎(𝑦𝑧) is the plane of symmetry
reflecting in the 𝑦𝑧-plane.

Using the standard method [21], the group-
theoretical analysis of the vibrational spectrum was
carried out, and the following irreducible representa-
tion of the total vibrational spectrum was obtained:

Γ = 27𝐴𝑔 + 18𝐵1𝑔 + 27𝐵2𝑔 + 18𝐵3𝑔 +

+18𝐴𝑢 + 27𝐵1𝑢 + 18𝐵2𝑢 + 27𝐵3𝑢. (5)

By expanding the complete vibrational representa-
tion (6), the characters of the vibrational representa-
tions Γ𝑣 and acoustic vibrations Γ𝑎 were calculated.
As a result, the following classification was obtained:

Γ𝑣 = 27𝐴𝑔 + 18𝐵1𝑔 + 27𝐵2𝑔 + 18𝐵3𝑔 +

+18𝐴𝑢 + 26𝐵1𝑢 + 17𝐵2𝑢 + 26𝐵3𝑢, (6)
Γ𝑎 = 𝐵1𝑢 +𝐵2𝑢 +𝐵3𝑢. (7)

The modes 𝐵1𝑢, 𝐵2𝑢, and 𝐵3𝑢 form acoustic branches
and correspond to the translations 𝑇𝑥, 𝑇𝑦, and 𝑇𝑧

along the main crystallographic axes 𝑥, 𝑦, and 𝑧 (ex-
ternal modes). The modes 𝐴𝑔 are completely sym-
metric vibrations; and the modes 𝐵1𝑢, 𝐵2𝑢, and 𝐵3𝑢

are external translations. The vibrational modes of
the 𝐵1𝑔 and 𝐵3𝑔 symmetries are close to librational.

Using the group-theoretical analysis, it is possible
to obtain information about the structures of infrared
and Raman spectra. The fundamental vibrations ob-
served in infrared spectra can be obtained by ana-
lyzing the symmetry of the dipole moment compo-
nents 𝜇. This classification takes into account active

vibrations during which the dipole moment compo-
nent changes. In order for the representation Γ𝑖 to
be active in infrared spectra, the following condition
must hold:

1

ℎ

∑︁
𝑅

(±1 + 2 cos 𝜃𝑅)𝑎𝑎(𝑅) ̸= 0, (8)

where ℎ is the group order, 𝜃𝑅 is the rotation angle
after the symmetry operation 𝑅 is done, and 𝑎𝑎 are
the coefficients of the expansion in the characters of
the irreducible representations for acoustic modes.

The components of the dipole moment of the
(NH4)2BeF4 crystal have the symmetries 𝐵1𝑢, 𝐵2𝑢,
and 𝐵3𝑢. Given this, the infrared spectrum contains
the following vibrations:

Γ𝛼 = 26𝐵1𝑢 + 17𝐵2𝑢 + 26𝐵3𝑢. (9)

Whence it follows that the infrared spectra contain
69 vibrational modes corresponding to the fundamen-
tal vibrations in the crystal lattice.

For Raman scattering spectra, the condition for the
activity of the (NH4)2BeF4 crystal lattice vibration is
the consistency of the representation Γ𝑖 with the rep-
resentation obtained by the components of the sym-
metric tensor:

1

ℎ

∑︁
𝑅

[2 cos 𝜃𝑅(±1 + 2 cos 𝜃𝑅)]𝑎𝑖(𝑅) ̸= 0. (10)

Thus, for the (NH4)2BeF4 crystal, the Raman spectra
are represented by the 𝐴𝑔, 𝐵1𝑔, 𝐵2𝑔, and 𝐵3𝑔 active
modes, which together include the fundamental oscil-
lations

Γ𝑣 = 27𝐴𝑔 + 18𝐵1𝑔 + 27𝐵2𝑔 + 18𝐵3𝑔. (11)
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Fig. 3. First Brillouin zone of the (NH4)2BeF4 crystal

It is worth noting that the vibrational modes of
the 𝐴𝑢 symmetry are inactive in the vibrational
spectrum.

3.3. Phonon spectrum
of the (NH4)2BeF4 crystal

The dispersion of phonons in the (NH4)2BeF4 crystal
was calculated at the high-symmetry points in the
first Brillouin zone and along the lines connecting
them in the following sequence: Γ → 𝑍 → 𝑇 →
→ 𝑌 → 𝑆 → 𝑋 → 𝑈 → 𝑅. The structure of the first
Brillouin zone is shown in Fig. 3. To calculate the
phonon spectrum, the optimized structural parame-
ters of the crystal given in Tables 1 and 2 were taken
as the initial data.

When calculating the phonon spectrum of crys-
talline materials, it is important to use a well-
optimized crystal structure. As a result, high-quality
results can be obtained, which often agree well with
experimental data. Earlier [22, 23], the phonon spec-
trum in the LiNH4SO4 crystal was studied using first-
principles calculations and in the framework of the
methodology applied in this work, and the results ob-
tained were in good agreement with the experiment.

In Fig. 4, 𝑎, the phonon dispersion in the
(NH4)2BeF4 crystal calculated by integrating over
the first Brillouin zone (Fig. 3) is shown. The phonon
dispersion comprises a set of narrow bands corre-
sponding to optical branches of phonons. From the
phonon density of states, it is clear that the vibra-
tional bands have similar intensities (Fig. 4, 𝑏). The
optical branches have weak dispersion. This can be
a result of the previously mentioned isolation of
the structural complexes. The phonon dispersion con-
tains 180 vibrational spectral modes, which is consis-
tent with the group-theoretical analysis of the crys-
tal structure. The maximum vibrational frequency in

the spectrum is 3202 cm−1. The high frequency of
the vibrational branches follows from the availabil-
ity of light ions in the crystal structure, which vi-
brate at high frequencies 𝑣 ∼ 1/𝑚 (in particular,
𝑚F = 18.9 amu, 𝑚H = 1 amu, 𝑚N = 14 amu, and
𝑚Be = 9 amu).

In the inset of Fig. 4, the phonon dispersion
𝜔(𝑞) is shown in the frequency interval from 0 to
100 cm−1. As can be seen, there are three spec-
tral branches corresponding to acoustic phonons. The
acoustic branches tend to zero as they approach the
center of the Brillouin zone (𝜔 > 0 at 𝑞 > 0). The
absence of imaginary modes testifies to the dynamic
stability of the examined crystal. The anisotropy of
the acoustic branches is associated with the general
anisotropy of the material, which is consistent with
the studies of its other physical properties [24, 25].

The density of vibrational states in the crystal is
obtained by integrating over all 3𝑁 vibrational modes
(𝑁 is the number of atoms in the cell) over the first
Brillouin zone. The partial phonon density of states
is obtained as the contributions of individual atoms,
𝑖, to the vibrational spectrum,

𝑁𝑖(𝐸) =

∫︁
𝑑k

4𝜋3
|e𝑗(𝑖)|2𝛿(𝐸 − 𝐸𝑛(k)), (12)

where e𝑗 is the eigenvector associated with the vibra-
tional mode with the energy 𝐸𝑖 and normalized to
the unit length. The sum of the partial contributions
made by the phonon density of states gives the total
phonon density of states.

In Fig. 5, the partial phonon density of states
(PhPDOS) in the (NH4)2BeF4 crystal for the con-
tributions of individual atoms to the vibrational
spectrum is shown, which was calculated from first
principles. Vibrational states corresponding to high-
frequency spectral modes at frequencies from 2926
to 3218 cm−1, from 1407 to 1550 cm−1, and from
1675 to 1751 cm−1 correspond to vibrations of light
NH4 complexes. Minor contributions are present at
low frequencies (0÷250 cm−1) from the vibrational
states of nitrogen atoms and near 𝜔 = 500 cm−1 from
hydrogen states. Phonon states in the frequency in-
terval from 741 to 817 cm−1 are formed by beryllium
vibrations. Low-frequency vibrations in the intervals
from 0 to 318 cm−1, from 339 to 420 cm−1, and from
477 to 590 cm−1 are mostly formed by vibrations of
fluorine atoms in the BeF4 complexes. Minor contri-
butions of hydrogen and nitrogen states in the low-
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a b
Fig. 4. Phonon dispersion 𝜔(𝑞) (𝑎) and the density of phonon states in the (NH4)2BeF4 crystal
calculated using the GGA-PBE functional (𝑏)

frequency region (<500 cm−1) are associated with the
interaction (ionic by character) of the corresponding
atoms in the NH+

4 complexes with the BeF2−
4 groups.

Figure 6 illustrates vibrations of the crystal lat-
tice structure in the (NH4)2BeF4 crystal and demon-
strates the vectors of atomic vibrations in the lat-
tice. The green arrows mark the directions of atomic
motions in the structure during the vibration, and
their lengths are proportional to the magnitude of
the corresponding displacements from the equilibrium
positions. The figure contains seven structures (la-
beled from 𝑎 to 𝑔), which reflect seven types of vi-
bration modes: 𝐴𝑔, 𝐵1𝑢, 𝐵2𝑢, 𝐵3𝑢, 𝐵3𝑔, 𝐵1𝑔, and
𝐵2𝑔. The frequency of the corresponding vibration is
indicated under each panel.

Due to the large number of vibration modes (180
spectral frequencies), we do not provide a table of
vibration frequencies in this article.

3.4. Infrared and Raman
spectra of the (NH4)2BeF4 crystal

First-principle calculations were used to obtain the in-
frared and Raman spectra of the crystal under study.
In Fig. 7, the calculated spectrum of combined light
scattering by the (NH4)2BeF4 crystal in the paraelec-
tric phase is shown. The calculations were performed
for the excitation wavelength 𝜆exc = 514 nm and the

Fig. 5. Partial density of phonon states in the (NH4)2BeF4

crystal in the paraelectric phase

temperature 𝑇 = 290 K. The Lorentz broadening was
also used to describe the broadening of the spectral
lines. According to the group-theoretical analysis, the
number of bands in the Raman spectrum should be
equal to 69. In practice, the obtained spectrum con-
tains the predicted number of bands, but a substan-
tial part of them has a weak intensity.

The most intense in the Raman scattering spec-
tra is the band at 𝜔 = 3045 cm−1, which corre-
sponds to the 𝐴𝑔-mode of completely symmetric vi-
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Fig. 6. Raman spectra of the (NH4)2BeF4 crystal calculated
using the GGA-PBE functional

bration. This band is formed by the symmetric vi-
bration of the cationic complex NH+

4 . Of significant
intensities are also the bands in the frequency interval
from 2910 to 3220 cm−1. The vibrational bands with
lower frequencies in the Raman scattering spectrum
have much lower intensities.

Fig. 7. Infrared spectra of the (NH4)2BeF4 crystal calculated
using the GGA-PBE functional and experimental spectra ob-
tained in work [1]

To our knowledge, only work [7] is devoted to
the study of the Raman scattering spectra of the
(NH4)2BeF4 crystal. In this work, one band in a spec-
tral interval of 0–200 cm−1 was obtained at high
temperatures. The experimental spectrum contains a
wide band from approximately 60 to 80 cm−1. At
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the same time, the theoretically calculated frequen-
cies corresponding to the active ones in the Raman
scattering spectrum are as follows: 60.72 cm−1 (𝐴𝑔),
65.29 cm−1 (𝐵3𝑔), 73.38 cm−1 (𝐴𝑔), 75.04 cm−1

(𝐵1𝑔), and 75.72 cm−1 (𝐵3𝑔). These frequencies are
consistent with the position of the band in the exper-
imental spectrum. Raman scattering spectra of the
(NH4)2BeF4 crystal in a wider frequency interval
have not been studied by other researchers for today.

In Fig. 8, the infrared spectrum of the (NH4)2BeF4

crystal calculated from first principles in the fre-
quency interval from 0 to 3500 cm−1 is depicted. As
one can see, the highest intensity in the calculated
spectrum falls on the spectral interval from 2936 to
3190 cm−1. In this spectral region, the most inten-
sive is the band corresponding to the 𝐵2𝑢-mode lo-
cated at the frequency 𝜔 = 2935 cm−1. Near a fre-
quency of 1500 cm−1, there is a group of low-intensity
peaks, which are mainly formed by the vibrations
of NH4 tetrahedra. At the frequencies 𝜔 = 765 and
769 cm−1, there are two closely located phonon bands
corresponding to the vibrational modes of the sym-
metries 𝐵2𝑢 and 𝐵1𝑢, respectively. Their intensities
are approximately equal to 0.5𝐼 for the most inten-
sive spectral bands near 3000 cm−1.

From Figs. 7 and 8, one can also see that low-
frequency vibrations within an interval from 60 to
300 cm−1 mainly correspond to infrared vibrations
with the change of the dipole moment. At the same
time, in the Raman spectra, intensive vibration bands
are mainly available at high frequencies spanning
from 2936 to 3190 cm−1.

Experimental studies of the infrared spectra of the
(NH4)2BeF4 crystal were carried out in work [1]. For
comparison, together with the theoretical infrared
spectrum, Fig. 8 also demonstrates the experimental
infrared absorption spectrum obtained by the authors
within the frequency interval from 250 to 4000 cm−1

and at a temperature of 300 K. As one can see, the
experimental spectrum also has a complicated struc-
ture, being formed by at least four broad bands con-
taining a set of vibrational modes. The positions of
the theoretically calculated vibrational levels coincide
well with the positions of the experimental bands ob-
tained in work [1].

It is worth noting that the structure of exper-
imental spectra is more complicated than that of
theoretical ones due to the presence of the bands
formed by combinations of frequencies, the overtones

of the corresponding vibrational complexes NH4 and
BeF4, the presence of other bands – for example,
those associated with vibrations of the O–H com-
plexes of the molecules of crystallization water [𝜔 ≈
≈ (3200÷3650) cm−1], and so forth.

4. Conclusions

Based on the group-theoretical classification, it has
been shown that the vibrational spectrum of the
(NH4)2BeF4 crystal contains 180 vibrational modes;
three of them are acoustic branches, and the other
177 are optical ones. A mechanical representation of
the vibrational spectrum of the crystal was obtained,
and it was shown that the three acoustic branches
correspond to the symmetry modes 𝐵1𝑢, 𝐵2𝑢, and
𝐵3𝑢. A representation for the optical modes in the
crystal was calculated, and selection rules for the in-
frared and Raman spectra are obtained. Vibrational
modes that are active in the infrared spectrum are
inactive in the Raman spectra. The 𝐴𝑢-mode is inac-
tive in the vibrational spectra.

A theoretical study of the phonon spectrum of
the (NH4)2BeF4 crystal in the paraelectric phase has
been carried out using the density functional theory
and the density perturbation functional theory. The
phonon dispersion was obtained for the point se-
quence Γ → 𝑍 → 𝑇 → 𝑌 → 𝑆 → 𝑋 → 𝑈 → 𝑅 in the
first Brillouin zone. It was shown that the phonon
spectrum of the (NH4)2BeF4 crystal has a compli-
cated structure. The absence of negative frequen-
cies in the calculated spectrum testifies to the dy-
namic stability of the crystal structure. It was found
that the vibrational spectrum of the (NH4)2BeF4

crystal in the paraelectric phase contains 180 vibra-
tional modes, which are consistent with the group-
theoretical analysis. From the phonon dispersion de-
pendence and the phonon density of states, it was
shown that the maximum vibration frequency in the
crystal equals 3202.37 cm−1. The density of phonon
states reflects the band structure of the vibrational
spectrum, which points to the relative isolation of the
vibrational modes of the tetrahedral groups BX4 in
the crystal. It was shown that the theoretically calcu-
lated infrared and Raman spectra are consistent with
the experimental data available in the literature.

The results presented in this work were obtained in
the framework of the young scientists’ project “New
mono-, poly-, nanocrystalline dual-purpose materi-
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als for batteries, hydrogen storage, sensor technology,
and electronics” (state registration No. 0123U100599)
supported by the Ministry of Education and Science
of Ukraine.
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КОЛИВНI СПЕКТРИ КРИСТАЛА
(NH4)2BeF4 У ПАРАЕЛЕКТРИЧНIЙ ФАЗI

Дослiджено коливнi спектри кристала (NH4)2BeF4 в пара-
електричнiй фазi (просторова група симетрiї № 62). У рам-
ках теоретико-групового аналiзу здiйснено класифiкацiю
симетрiї коливань в кристалi. Виходячи iз перших принци-
пiв, в рамках теорiї функцiонала густини та теорiї збурення
функцiонала густини проведено розрахунки дисперсiї фо-
нонiв та частот коливного спектра кристала (NH4)2BeF4.
Для цього використано узагальнене градiєнтне наближе-
ння для опису обмiнно-кореляцiйної взаємодiї електронiв.
Виявлено, що в коливному спектрi кристала присутнi 180
коливних мод. Розраховано iнфрачервонi спектри та спе-
ктри комбiнацiйного розсiювання кристала (NH4)2BeF4 i
порiвняно їх з експериментальними спектрами.

Ключ о в i с л о в а: фонон, фторберилат амонiю, DFPT, те-
орiя груп, iнфрачервонi спектри, спектри комбiнацiйного
розсiювання, густина фононних станiв.
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