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STABILIZING ROLE OF LATTICE
ANHARMONICITY IN THE BISOLITON DYNAMICS

1. Introduction

We show that, in anharmonic one-dimensional lattices, the pairing of electrons or holes in
a localized bisoliton (called also bisolectron) state is possible due to a coupling between the
charges and the lattice deformation that can overcome the Coulomb repulsion. We show that
bisolitons are dynamically stable up to the sound velocities in lattices with cubic or quartic
anharmonicities, and have finite values of energy and momentum in the whole interval of
bisoliton wvelocities up to the sound wvelocity in the chain. We calculate the bisoliton binding
energy and the critical value of Coulomb repulsion at which the bisoliton becomes unstable and
decays into two independent electrosolitons. We estimate these energies for chain parameters
that are typical of biological macromolecules and some quasi-one-dimensional conducting sys-
tems and show that the Coulomb repulsion in such systems is relatively weak as compared with
the binding energy. Our analytical results are in a good agreement with the results of numerical
simulations in a broad interval of the parameter values.

Keywords: lattice anharmonicity, bisoliton, bisolectron, Coulomb repulsion, electron, hole,
exciton, polaron, model Hamiltonian.

a system of nomnlinear equations which admit solu-

The electron-phonon interaction leads to the lower-
ing of the energy of quasiparticles (electrons, holes,
excitons, etc.) [1-6]. Depending on the strength of
the coupling and the ratio between the Debye energy
of phonons and the resonant (exchange) energy in the
lattice, a quasiparticle is either in an almost free band
state or is trapped in a large polaron or small polaron
state [1-6]. For instance, at moderate values of cou-
pling, large polarons correspond to the lowest energy
of the system [6]. From the point of view of conduct-
ing properties, a large polaron is the most important
case, and there is a wide class of crystals, in which
large polarons exist. In one-dimensional molecular
crystals, such large polarons have been described by

© L. BRIZHIK, A.P. CHETVERIKOV, W. EBELING,
G. ROPKE, M.G. VELARDE, 2013

562

tions in the form of the so-called Davydov’s solitons
[6-8]. It has been shown that, in a harmonic lattice,
the pairing of two electrons or holes with opposite
spins in a bisoliton state takes place [9-11]. Here,
we study how the lattice anharmonicity affects the
electron pairing in a one-dimensional lattice with ac-
count of the Coulomb repulsion. Below, we define the
Hamiltonian of the system, which consists of an an-
harmonic lattice and two extra electrons (or holes)
with opposite spins. We derive the corresponding
system of equations in the adiabatic approximation
for the bisolectron wave function and a lattice de-
formation. First, we neglect the Coulomb repulsion
between the electrons and find analytical solutions in
the form of traveling localized structures of the cor-
responding evolution equations for the case of cubic
and quartic anharmonic lattice potentials. Then, us-
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ing these solutions, we take the Coulomb repulsion
between electrons into account and find conditions
for the bisoliton stability with respect to the decay
into two isolated solitons.

2. Model Hamiltonian
and Dynamic Equations

Let us consider two excess electrons in an infinitely
long one-dimensional lattice formed by unit cells of
mass M at equilibrium lattice spacing a. Such a sys-
tem can be described by the Frohlich Hamiltonian in
the form

H = Hel + Hlat + Hint + HCoul- (1)

Here, the electron Hamiltonian is written as
HCI = Z I:EOBIL,Sans - JBIL,S (Bn+1,s + Bn—l,s)}?

| @

where Ej is the on-site electron energy, J is the elec-
tron exchange interaction energy, and B;fw, and B,, s
are the creation and annihilation operators of an elec-
tron with spin s = 1,2 on the lattice site n.

The Hamiltonian of the lattice with one phonon

mode only has the form

A2

o =3 (B2 + 0 ()} ®)

where Bn is the operator of a displacement of the n-
th unit cell from its equilibrium position, p, is the
operator of the canonically conjugated momentum,
and U is the operator of the potential energy of the
lattice, whose properties will be defined below.

The Hamiltonian of the electron-lattice interaction
in the case where the on-site electron energy depen-
dence on the longitudinal displacements of unit cells
(acoustical mode) dominates the intersite dependence
is given by the expression

Hiyy = X Z (BTL—O—I - B?’L—l) BJL,SBTL,S7 (4)
n,s=1,2

where y is the electron-lattice coupling constant.
The Coulomb repulsion between the electrons is
given by the Hubbard-type Hamiltonian

Z VntIL,an,sBjn,sBm,m (5

n,m,s=1,2

~~

HCoul =
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where V,,,,, is the corresponding matrix element of the
Coulomb interaction.
In the adiabatic approximation, we can set

(W (2)) = [Wer ()| Vpn (1)) (6)

Here, the vector state of the lattice has the form of
the product of the operator of coherent displacements
of unit cells and the vacuum state of the lattice, |0)pn,

|Wpn(t)) = exp {_; Z {ﬁn(t)ﬁn - pn@)ﬁn]} |0)p;
(7)

where (3, (t) and p, (t) are, respectively, the mean val-
ues of the displacements of unit cells from their equi-
librium positions and their canonically conjugated
momenta in state (6).

The electron state vector for two excess electrons
has the form

|\I/el(t)> = Z \Il(nlvn% 51, SQ;t)BILl,s1Bjtz,sz|O>el'

ni,mn2,81,52

In the absence of a magnetic field, we can repre-
sent the singlet electron function W(nq,ns,s1,s2;t)
for two electrons with antiparallel spins as the prod-
uct of the symmetric coordinate function ¥(ny,ns,t)
and the antisymmetric spin function x(s1, s2). Using
such a state vector, we can calculate the Hamiltonian
functional H = (¥ (¢)|H|¥(t)), corresponding to the
Hamiltonian operator (1).

We are interested in functions slowly varying in
space that correspond to solutions of the soliton class.
Therefore, we can use the continuum approximation
n — x = na. Minimizing the functional H with re-
spect to electron and phonon variables and neglect-
ing the Coulomb repulsion, we derive the system of

equations
oy
ot T 2m or? = 0x3)
_ . (9B(z,t) 9p(x, t)
= xa ( or |, + = . v, 9)
BB _ 2PV 06
ot? 3¢ 9p? 0x? 0x20t2

=

_a o|w|? o|w|?
= X(/d.]?g 9y El_m-i-/da?l O

).@m
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Here, p(x,t) = —08(x,t)/0x is the local deformation
of the lattice, and V. is the linear sound velocity in
the chain. On the left-hand side of the latter equa-
tion, we have included an extra term proportional
to the fourth derivative of the lattice displacement to
take a nonlinear dispersion of the lattice into account,
if any (see, e.g., comments in [12]).

The potential energy of the lattice U(p) has a min-
imum in the equilibrium lattice. We assume that it is
increasing with the electron-induced compression of
the lattice (p > 0) (see [12-14]):

oU(p), 0*U(p)

0.
dp 0 dp? ~

(11)

The two-electron wave function can be represented
as the symmetrized product of ’one-electron’ wave
functions. Introducing the running wave coordinate
¢ = (x — xo — Vt)/a, we can rewrite the system of
equations in the following form:

djgz +op®; = \P;, j=1,2 (12)
% = D(®7 + ®3), (13)
where F' is the effective lattice potential

F=UG) - L2, 2=V (14

2 V2

and the following dimensionless parameters are intro-
duced:
E; a a
>\j e o= Xia = X 2
J MVZ

(15)

with E; being the electron eigenenergy, and ®; be-

ing the envelope function of the corresponding ’one-

electron’ wave functions ¥; in the two-electron state.
We can rewrite Eq. (12) in the form

dd\*
(dg) =X;0} — 0Q;, (16)
where the notation
£
Qi(6) = / p(2)d®2(x), =12, (17)

is introduced. For localized solutions, the correspond-
ing functions attain some maximum values denoted as
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®, 0 and pg, respectively. In one-dimensional systems,
the deformational potential has at least one bound
state, which can be occupied by two electrons with
opposite spins. When the Coulomb repulsion is very
weak, the minimum energy state corresponds to the
case where the maxima of ’one-electron’ functions co-

incide [9-11] and

1(§) =

Therefore, we can omit index j in what follows.

In the general case, the maximum values of the
‘one-electron’ wave functions are shifted along the lat-
tice by some value [y due to the Coulomb repulsion,
which will be considered in the corresponding section
below.

AL = Ao,

D5 (). (18)

From Eq. (16), we obtain the expression for the
electron eigenenergies:
Q(0)
A=o o7 (19)
From Eq. (13), we get the equation which deter-

mines the lattice deformation

.y

where

Glo)=r - 3pir (21)

and

A =0G(po). (22)
Integrating Eq. (20), we get

) =+ / e e

p(&)

From the normalization condition for ’one-electron’
wave functions, we find the expression for their
maximum

1 (dF
Dy =, — (—
0 \/2D (dp) o

To get the explicit solutions, we have to specify the
lattice potential. Below, we will consider two cases

G(po)- (24)
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of cubic and quartic anharmonic potentials. Respec-
tively, we assign subscript ‘¢’ or ’q’ to the functions:

L, ag B 4
5P+ 3rt Uglp) = 20+ —p"

Substituting these expressions into Eq. (14), we get

Ue(p) = (25)

« 2 I6]
Fe(p) = 5102 <3P + 5c>a Fy(p) = sz (P +20,).
(26)
From Eq.(21), we find
_ pip+30c :B3p2+25q (27)
6 ptd. T 4 p2td, ]

where the dynamically modulated inverse anhar-
monic stiffness coefficients are introduced as
1—s? 1—s?
6c = s 5q =
o B
Substituting the explicit form of G into Eq. (23),
we can rewrite the expression in the form

(28)

Po(v)
+ 1 / KV(IO’/OO(V))
2vo ) py/pow) —p
p(&)

where the kernel of the integral for both types of an-
harmonic potentials K, in view of the explicit form of
G, is very close to unity (see the numerical solution
in [15,16]). From Eq. (29) after the integration, we
find that the deformation of the lattice is given by
the soliton solutions of the B-KdV equation [6, 17—
23] and the Zakharov-Davydov system of nonlinear
equations [6, 8]:

Pv (5) = pO(V) SeChQ(ﬁl/f)a

the width of which, &, is determined by the maximum
value of the deformation

/opo(c \/400(0) (Poe) + 26c) /3 + 02
2,00 (e) + dc ,

gu(p) =

dp7 v = C’ Q7 (29)

(30)

(31)
1 | 9Po(a) (3/%((1) + 25q) (32)
Kg = = ,
b2 Pota) T+ 20
which can be approximated by the expression
Ky 7 %. (33)
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Fig. 1. Maximum value of the lattice deformation as a func-
tion of the dynamically modulated inverse anharmonic stiffness
coefficient § in lattices with cubic (thin line) and quartic (thick
line) anharmonicities for g,=0.05 (a) and g,=0.2 (b)

In its turn, pg(,) is determined by the corresponding
equation

4 2
Po(c) (BPO(C) + 60) = ggec(ﬂO(c))» (34)
3 2
Po(q) (5:08((1) + 5q> = gié’q(pmq)), (35)
where g, is a constant determined below,
D%c D%c
2 _ _
9e = a2 9q = F? (36)
and the following notations are introduced:
4po(e) (Poce) + 20.) + 362
06 - s 37
(po((')) 6([)0(5) +6c)2 ( )
3000y + T0qp3 ) + 202
Og(po(g)) = —2 ; g (38)
4 <p0(<J) + 6‘1)
The numerical solutions of Egs. (34) and (35) are

shown in Fig. 1 for two different values of the coupling
constant.

It follows from Fig. 1 that (i) the maximum lattice
deformation depends on the soliton velocity; (ii) the
soliton amplitude increases, and its width decreases,
as the velocity increases, and attain some finite values
at the sound velocity, V' = V. (i.e., 6 = 0); (iii) the
soliton amplitude increases with the electron-lattice
coupling; (iv) the quartic anharmonicity is dominant
at small values of § (large velocities), while the cubic
anharmonicity is dominant at larger values of § (small

velocities).
From Egs. (13), we obtain
20 1 dF(p)
() = 550 (39)
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Using the explicit expression for F' from Eq. (26), we

find the electron wave function
Po(c

() = 1/ g Sech(ret) x

X \/1 — 52+ apO(C)Sech2 (Kc€), (40)
Po(q)

Dy(€) = | BAD Sech (1) x

x\ /1= 52 + p3, Sech (k6. (41)

Finally, we write down the energy and the momen-
tum of the system described by Hamiltonian (1)—(4)
in the bisolectron state (6)—(8):

ESI (V) =mv?

PO
2 p
V)= 2m+M\/>/Kp,po ——dp|V =
4 2 32
~ |2 M/ — V.
{7’”3 \/:po]

Here, we reckon the energy from the electron energy
Eo, m = h%/(2Ja?) is the effective band mass of an
electron, E()(V) = —2A\J is the bisoliton energy,
and W is the energy of the lattice deformation:

+ EC (V) + W(V), (42)
P(bs)(

(43)

0
W) =2MVE [ (F(o)+ 56°) de

— 00

(44)

or, in terms of the F' and G functions given by ex-
pressions (14), (21), respectively:

E®)(V) = —2DG(po) MV

ac)

(45)

MV?2 dZF/dp F(p) + s?p?

Vo | dF iy \[GG) - Glp)

Using now the bisolectron solutions (30) and (40)
for the cubic anharmonicity, we obtain

W(V) = dp. (46)

4p0(c) + 35
E®)(V) = —DMV?2 pooy —2—"< 47
c ( ) ac pO( )3(p (c +6c) ( )
MVZ2, 3/2 8
Wc(v) 3\/7 O(C < ap()((‘) +1+s ) (48)
566

For solutions (30) and (41) in a quartic anharmonic
lattice, we have

] 308 + 204
E(ng)(V) - 77DMVacp0(q)L+5, (49)
Poca)
~ MVac 3/2 1 2 1 2 2
Wo(V) =8 V2o Po(q) [3 (5 + 255) + gﬂpo(q) :

(50)

Two important conclusions follow from the above
expressions. First of all, comparing the bisolectron
energies with the energies of solectrons (see [12-14]),
we conclude that there is the positive binding en-
ergy of a bisolectron in the whole interval of velocities
Vi<V2

V) —EX) (V),

tot(v)

(bs) —op®)
Ebind(l/) (V) 2Et0t(u)

which means that an anharmonic lattice soliton can
capture two electrons with opposite spins, and such a
bisolectron state is energetically favorable as compar-
ing with two independent solectrons (lattice soliton
bound with one electron). Here, Et(O:()V)(V) is the to-
tal energy of the system in the bisolectron state with
account of the energy of the lattice deformation, and
Et(ii(y)(V) is the energy of the system with one elec-
tron in a soliton state with account of the energy of
the lattice deformation.

Second, we see that the bisolectron energy and the
energy of the lattice deformation take finite values at
the velocity of the bisolectron equal to the velocity of
the sound in the chain, namely:

bs 2 16
Bitey(Vae) = mV2 = 5xapoce) + 2 xa0pley,  (52)
(bs) 2 3 o 8 3
Etot(q)(Vac) =mV,;, — 2 XaPo(q) + ﬁxaﬂpo(q). (53)

At small velocities, the bisolectron energy increases
with the velocity, according to the law

bs
Et(ot()c)(V) = mV2_
1 2 1 2
_§XGPO(C) 1-2s"— Bapo(c) + 704,00(c)5 ) (54)
(bs) 2
Etot(q)(V c) =mV<i—
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1 29
From the above two equations, we can calculate the
bisolectron band bottom energy level and the bisolec-

tron effective mass in the effective mass approxima-

tion:

T
MO Z o+ g}]/iz ( - 704‘;‘5), (57)
ES) = —%Jg2 (1 - %ﬁ 2)(‘;;)7 (58)
M) = 2+ g"% ( _ 65;521)' (59)

Here, ¢ is the dimensionless electron-lattice cou-
pling constant,

g (60)

X

o
3. Bisolectron with Account
of the Coulomb Repulsion

Let us now take into account the Coulomb repul-
sion between the electrons. The total energy of sys-
tem (42) in the bisolectron state with account of the
Coulomb repulsion is

gl (V) =

bs
tot(v) E( : )(V) + ECouI- (61)

tot (v
In the systems, whose parameters satisfy the con-
dition of the adiabatic approximation (intermediate
value of the electron-lattice coupling and a relatively
small non-adiabaticity parameter), a bisolectron is
extended over a few lattice sites. Therefore, the en-
ergy of the Coulomb repulsion can be written as

e2

ECoul ~ (62)

dmela’
where e is the effective electron charge with account
of its screening in the lattice due to the surrounding
and the complex structure of a unit site, and € = e, €q
is the dielectric constant of the lattice, which contains
the dielectric constant €, of the medium.

Above, we have obtained the soliton solutions for
two electrons with antiparallel spins, bound with
the lattice soliton, in the approximation of a very

ISSN 2071-0194. Ukr. J. Phys. 2013. Vol. 58, No. 6

weak Coulomb repulsion. In such a case, both ’one-
electron’” wave functions have maximum values at the
same position in the lattice. In the general case, the
corresponding maximum values are shifted along the
lattice by some value ly, which is determined by the
balance between the Coulomb repulsion between the
electrons and their attraction due to the interaction
with the lattice:

;&) = 2;(€ £ 10/2) f(lo),

where f;(lo) takes into account the change of the "one-
electron’ wave functions due to the Coulomb repul-
sion. For localized states extended over few lattice
sites, the repulsion is expected to be weak: f;(lg) ~
~ 1+ €(lp), where ¢ < 1 is a smallness parameter.
Therefore, in the lowest order approximation with re-
spect to €, the maxima of 'one-electron’ functions co-
incide at £ = 0, as was considered in the previous
section.

According to Eq. (63),we have the following ex-
pressions for the wave functions for the cubic anhar-
monicity in the presence of the Coulomb repulsion
(see (40)):

o) l
(&) =1/ 5 pO( Sech (ﬂc(f + 2))
X \/1 — 82+ apO(C)Sech2 (Hc(f + ;))

For a lattice with quartic anharmonicity (see (41)),
we have

I
B () = ,/%sech </£q(§ + 2)> x
x\/l — 52+ Bpg(q)Sech4 (nq(g + ;))

The distance between the maxima of the ’one-
electron’ wave functions, [, can be determined from
the condition of the minimum of the total energy of
the system with account of the Coulomb repulsion.
To calculate it, let us consider, for simplicity, the
case of a bisolectron at rest, V' = 0. Substituting
function (64) (or (65) ) and the corresponding lat-
tice deformation (30) into the Hamiltonian H and
expanding the result with respect to [ in the assump-
tion I < p = 27 /kK,, we obtain, after the integration,

567
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Fig. 2. Results of numerical simulations for the electron den-
sity (green dashed line) and the velocity distribution (red solid
line) at U = 20 (a). Blue curve corresponds to bisolectron
density profile g(x) is based on the analytical results (64) at
l=1lo=4(b)

the total energy of the system including the Coulomb
repulsion (62):

2 Ky 4 xa

(bs) 2 2,2
Eior(wy(0) = 37 Pow) — 35, DP0w) (1-0xy) +

tot (v

2 1 1 1
2 2 2 2.2 2
—|—wa2 Pow) 3 T 5w Pow) — Ik, (3 + 2%00(11))] +
e

; 66
4drela (66)
where ¢, = a, ¢; = 3, and the energies are counted
from the energy of the electron band bottom Fy. Ex-
pression (45) can be represented in the general form

62

bs 1
tot(v) = Et(ot()y) (0) + QC”ZQ + (67)

4dmela’

where the first term is the bisolectron energy in the
absence of the Coulomb repulsion, the second term is

568

due to a modification of the wave functions, and the
last term is the Coulomb repulsion.

Minimizing this expression with respect to [, we get
the equilibrium distance between the maxima of the
one-electron functions:

62 1/3
ZO =\ 5~ )
4dmeaC,

where we used the notation

2
4 XAPy(q) g
Cq = [O(q)—wa po(q),‘{ ( + ﬁpo )] (69)

(68)

3 D

Expression (68) can be approximated as

1/3
I _ 3De? /
o) = 47rexa2pg(y) Kyl

Substituting these results into Eq. (61), we obtain
the final expression for the total energy of the system

at V=0
3/ 2 2/3 2
— E(bs) 0 e 1/3 )
o) (0) 2 Wit drelpa

dmea
(71)

(70)

tot(v

Here, [y is given by Eq. (70).
Such a state is stable with respect to the decay of
the bisolectron into two solectrons, if the bisolectron

binding energy Sémd V)(O) is positive,

bs) s bs
glgmd(u ( ) = 25t02(1/ ( ) gt(ot()nu)( ) > O’ (72)
i.e., when the inequality
2/3
b 3 e?
2E§Zi(y) (O) - Et(ots()nu) (0) =+ 5 (47T6a> Cyl/g >0 (73)
is valid.

4. Comparison
with the Numerical Simulations

In this section, we compare the above-obtained ana-
lytical results with the numerical results in [26,29] for
a discrete lattice with the Morse interaction with two
added electrons, described by the Hubbard Hamilto-

nian. The Morse potential
UMese(r) = D[(1 — e~ Pr=a))2 — 1], (74)
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a®
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005

003
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0.01

1 1 - f
10 20 b 30 40 50

Fig. 3. Results of numerical simulations for the electron den-
sity (green dashed line) and the velocity distribution (red solid
line) at U = 60 (a). Blue curve corresponds to bisolectron

density profile g(x) is based on the analytical results (64) at
l=1lo =8 (b)

can be approximated near the minimum with high
degree of precision by the anharmonic potential U,
(see Eq. (25)) (for more details, see [30]).

The parameter values used in the simulations were:
n = 2.5a,Jo = 0.02 (2D), 7 = Jo/(AQnMorse) = 20,
for three different values of the Hubbard parameter
U = U/hQMorse, namely U = 20,60, 70, 100, the low-
est of which, U = 20, for the parameters of alpha-
proteins corresponds to U = 0.004-0.02 eV, and the
upper value U = 100, respectively, corresponds to
U =0.02-0.1 eV.

The results of numerical simulations for the elec-
tron density and the velocity distribution of solectron
pairs with Hubbard repulsion on the Morse lattice are
shown of Figs. 2-5 (a). In Figs. 2-5 (b), we show the
charge density function within our analytical model
for various values of the Coulomb repulsion, which

ISSN 2071-0194. Ukr. J. Phys. 2013. Vol. 58, No. 6

VhsPn v 4 v
0.06 F !
£ f
Y
0.04 F H v

0.02F

a®

Fig. 4. Results of numerical simulations for the electron den-
sity (green dashed line) and the velocity distribution (red solid
line) at U = 100 (a). Blue curve corresponds to bisolecttron

density profile g(x) is based on the analytical results (64) at
l=1lo =14 (b)

determines the distance between the maxima of the
one-electron functions. We define the charge density
function in elementary charge units in a usual way
as q(&) = ®3(&) + DI(¢), where ®;(¢) are functions
determined by expressions (64), and [ = [y as given
by relation (70).

Although the numerical and analytical results are
obtained in slightly different models of the anhar-
monic lattice and the Coulomb repulsion, there is a
good qualitative agreement in both approaches. In
particular, we see that electrons are localized in the
bisolectron state, the profile of which depends on the
strength of the Coulomb repulsion with the tendency
to the splitting of one maximum into two maxima, as
the Coulomb repulsion increases.

Notice that the parameter values used in the nu-
merical simulations correspond to a relatively high
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Fig. 5. Results of numerical simulations for the electron den-
sity (green dashed line) and the velocity distribution (red solid
line) at U = 100 (a). Blue curve corresponds to bisolecttron
density profile ¢(x) is based on the analytical results (64) at
=1l =20 (b)

non-adiabaticity of the system and a strong anhar-
monicity. Nevertheless, the comparison of the figures
corresponding to four different values of the Hubbard
term in numerical simulations and, respectively, the
Coulomb term in the analytical model shows that our
analytical model gives rather good results even for
quite a strong electron repulsion. In the lowest order
of the continuum approximation used in our model,
the functions are smooth with one or two maxima
depending on the strength of the Coulomb repulsion.
The dynamics of the bisolectron and the account of
the lattice discreteness manifested in the presence of
the Peierls—Nabarro potential [31, 32] will modify the
profile of functions and will lead to some radiation
of sound waves, which we can see in the results of
numerical modeling in Figs. 3-5.
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5. Conclusions

We have shown that, in one-dimensional crystal lat-
tices, the anharmonicity of the intersite interactions
favors not only the self-trapping of an extra elec-
tron, but also the pairing of two electrons with op-
posite spins in a single lattice soliton deformation
well, resulting in the formation of a stable bisolec-
tron state. Such a bisolectron is the bound state of
the lattice soliton and two self-trapped electrons in a
singlet bisoliton state. This conclusion generalizes the
concepts of polaron and bipolaron [1-5] and proves
the existence of bisolitons not only in harmonic one-
dimensional systems [9-11, 24|, but in anharmonic
lattices as well. Our analytical model explains the
results of numerical simulations for lattices with an-
harmonic Morse potential describing the intersite in-
teractions, with two extra electrons in it [25-28]. We
have found explicitly the expressions for the lattice
deformation and the two-electron wave functions for
lattices with cubic and quartic anharmonicities. We
have also calculated the energies of the bisolectrons
for these two types of anharmonicities and shown that
the bisolectrons can move with velocities up to the ve-
locity of sound in the lattice, and the corresponding
energy and momentum are finite in the whole interval
of bisolectron velocities.

We have studied the role of the Coulomb repul-
sion in the formation of bisolectrons in anharmonic
lattices. We have shown that, with account of the
Coulomb repulsion between the electrons, their en-
velope function in a bisolectron state can have one
or two maxima, the distance between which is deter-
mined by the balance of the gain of energy due to
the binding to the lattice deformation and the loss
of energy due to the Coulomb repulsion. The re-
sults of the analytical study of two electrons in a lat-
tice with cubic anharmonicity with account of their
Coulomb repulsion are in good agreement with the
numerical simulations of two electrons in an anhar-
monic Morse lattice with account of the Hubbard
electron-electron repulsion in a broad range of pa-
rameter values.

The results obtained here are valid for systems,
whose parameter values satisfy the adiabaticity con-
ditions, i.e., for systems with intermediate val-
ues of the electron-lattice coupling and the not
too large nonadiabaticity parameter (the ratio be-
tween characteristic phonon energy and electron band
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width). This is a large class of low-dimensional com-
pounds, including biological macromolecules (DNA
and oa-helical polypeptides) [6, 8, 23, 33|, polydi-
acetylene [34-36], conducting platinum chains and
conducting polymers [37], salts of transition met-
als (PbSe, PbTe, PbS) [38-41], superconducting
cuprates [42-46], etc. These compounds find numer-
ous applications in microelectronics and nanotech-
nologies or play the important role in living sys-
tems. This explains our interest in studying the non-
linear effects in such systems. In the following pa-
pers, we will study a possibility of the pairing
of two electrons in a triplet state in anharmonic
lattices.
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JI. Bpuorcux, O.I1. Yemsepikos,
B. E6eaine, I Poonkxe, M.I. Beaapde

CTABUJII3YIOYA POJIb AHTAPMOHI3ZMY
TPATKUN Y INHAMIIII BICOJIITOHIB

Peszwowme

B pobGoTi mokazaHO MOXKJIMBICTH 3B’siI3yBaHHSI JBOX €JIEKTPO-
HiB abo JipokK y JoKaJjizoBaHOMY 06iCOJIITOHHOMY CTaHi, KU
HA3UBAETHCsI TAKOXK OICOJIEKTPOHOM, 3aBJsIKA B3a€MOJIl 3 JIO-

572

KaJIbHOIO 1epOPMAIi€I0 AHTAPMOHIYHOIO JIAHITIOXKKA, AKA MOYXKE
IIePEBUIILYBATH KYJIOHIBCbKE BiJIIITOBXYyBaHHS MiXK 3apsiZIaMu.
ITokazano, 1m0 6iCOJIITOHN € AUHAMIYHO CTIMKUMH TaKOXK IIPU
IIBUKOCT1, PIBHIil MIBUIKOCTI 3BYKY y JIAHIIOXKKY, a 1X eHepris
Ta MOMEHT KIJIBKOCTI PyXy MalOTh CKiHYEHHE 3HAYEHHH B yCbO-
My iHTepBaJIi HIBUAKOCTEN azK J[0 HIBUIKOCTI 3ByKy. Po3paxoBa-
HO €HEpTiio 3B’ sI3yBAHHS Ta KPUTHUIHE 3HAYEHHS KYJIOHIBCHKOIO
BiAIITOBXyBaHH, IpU AKOMY OiCOMTOH PO3HMamacThCs Ha IBa
BiibHI estekTpocositonn. OiHEHO 3HAYEHHS [IUX BEJIMYUH JIJIs1
napameTpiB, IO TUIIOBI JJIsT MAKPOMOJIEKYJI 1 HEIKUX €JIEKTPO-
MIPOBIJTHUX OJHOBUMIPDHHUX CHCTEM Ta IIOKa3aHO, IO KYJIOHIiB-
CbKe BiIIITOBXyBaHHSI B HUX € JOCTaTHBHO CJIAOKHUM ITOPiBHSIHO
3 eHeprier 3B’si3yBaHHs. Pe3yibraru HaAIIO! aHAJITUYHOI MO-
Jeti Jo6pe MOSICHIOIOTh Pe3yJIbTaTH HCEIHLHOIO MOJIETIOBAHHS
B IIMPOKOMY iHTepBaJli mapaMeTrpiB 3a1adi.
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