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On the basis of longitudinal piezoresistance measurements in the
geometry X ‖ J ‖ [100] and the theory of anisotropic scattering,
the deformation potential constants Ξu and Ξd for γ-irradiated
n-Si have been determined. It has been shown that, while deter-
mining the anisotropy of relaxation times for n-Si with the deep
energy level Ec − 0.17 eV, the dependence of the concentration of
deep ionized centers on the deformation must be taken into con-
sideration.

1. Introduction

Deformation potential constants are important parame-
ters characterizing the band structure of semiconductors.
The development of methods aimed at their reliable de-
termination is an important task of experimental physics
of semiconductors. The corresponding values obtained
experimentally are applied when calculating the energy
shifts of corresponding extremes at various kinds of de-
formation and the transition probabilities at the scatter-
ing by acoustic lattice vibrations, which determine both
the mobility of charge carriers and the peculiarities in
the anisotropic characteristics of transport phenomena
at such scattering [1–4]. The peculiarities of deforma-
tion effects in semiconductors, which are associated with
the energy shifts of various extremes in the band spec-
trum and the reconstruction of the spectrum itself at the
deformation [5], are governed by the deformation poten-
tial constants. A uniaxial elastic deformation, which re-
duces the initial symmetry of the crystal, eliminates the
band spectrum degeneration. For instance, it may be a
degeneration with respect to the energies of equivalent
minima in the conduction band; and the magnitude of
energy decoupling at the deformation is determined by
the corresponding values of deformation potential con-
stants.

It should be noted that, at the present development
stage of the technology of semiconductor materials, the

researches of electron transport phenomena in nanos-
tructures demand that the reliable values for defor-
mation potential constants, effective masses, relaxation
time, as well as other important parameters, be known
[6–8]. In particular, as was demonstrated in work [7], a
reduction of the dimensionality of a system substantially
affects the charge carrier mobility and the deformation
potential constants in silicon nanoconductors.

Various external physically active influences – e.g.,
high radiation fields – can substantially affect the band
parameters of semiconductor materials, in particular,
the deformation potential constants. This circum-
stance should be taken into account while designing
semiconductor-based sensors and devices. Silicon is one
of the basic materials for functional electronics for today,
and it will probably remain as such in the future. There-
fore, it is expedient to continue the study of the physical
properties of this material under various extreme condi-
tions.

This work is aimed at determining the constants Ξu
and Ξd of the deformation potential in the conduction
band of γ-irradiated n-Si crystals, by using the tenso-
effect, which manifests itself at a uniaxial elastic defor-
mation. As a rule, the application of only one of the
methods for the determination of deformation potential
constants allows only either of them (Ξu or Ξd) or their
combination to be determined. We succeeded in find-
ing them separately, which is of importance from both
the practical and theoretical aspects. Unlike germanium,
for which the corresponding constants are known more
or less reliably, the literature data for the deformation
potential constants in silicon are rather scattered. Espe-
cially little information is available concerning the con-
stant Ξd of the deformation potential in silicon. The
absence of reliable data on the magnitudes of those con-
stants does not allow precise calculations to be carried
out for the value and the character of the conduction-
band bottom shift in n-Si at a uniaxial elastic deforma-
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Fig. 1. Piezoresistance dependences
ρX

ρ0
= f(X) for n-Si γ-

irradiated to a dose of 1.9 × 1017 quant/cm2 measured in the
geometry X ‖ J ‖ [100] at various temperatures T = 77 (1 ),
110 (2 ), and 150 K (3 )

tion, when the mechanical stress X is directed along the
crystallographic direction [111]. The shift of the deep
energy level under the given conditions cannot be calcu-
lated as well [9].

2. Experimental Part

In this work, we study the piezoresistance of γ-irradiated
n-Si crystals with the initial concentration of charge car-
riers n = 1.1 × 1014 cm−3and the deep energy level
Ec − 0.17 eV in the geometry X ‖ J ‖ [100]. The deep
energy level Ec−0.17 eV belonging to the A-center (the
complex of a vacancy and an interstitial oxygen atom)
is known to be a prevailing radiation-induced defect in
γ-irradiated n-Si with a high content of oxygen impurity
[10].

In Fig. 1, the temperature dependences of the piezore-
sistance of γ-irradiated n-Si measured in the geometry
X ‖ J ‖ [100] are depicted. A reduction of the n-Si
specific resistance in the maximum of the dependence
ρX
ρ0

= f(X) is explained by a reduction of the gap be-

tween the deep energy level Ec−0.17 eV and the bottom
of the conduction band [11].

The dependence of the charge carrier mobility on the
deformation at a definite fixed temperature T0 in the
presence of deep energy levels is described by the for-

Fig. 2. Dependences
µ

µ0
= f(X) for n-Si γ-irradiated to a dose of

1.9× 1017 quant/cm2 measured in the geometry X ‖ J ‖ [100] at
various temperatures T = 150 (1 ), 110 (2 ), and 77 K (3 )

mula [12]

µ = µ0

〈
ρi
ρi+1

〉− X
ΔX

ρ(T0,X)
ρ(T0)

, (1)

where ρi and ρi+1 are the specific resistances at the me-
chanical stresses Xi and Xi+1, respectively, with both
Xi and Xi+1 > X ′, where X ′ is the mechanical stress,
at which the dependence

ρX
ρ0

= f(X) has a maximum;

and µ0 is the mobility of electrons in the undeformed
semiconductor at the temperature T0. By applying ex-
pression (1) to experimental data exhibited in Fig. 1, we
calculated the dependences of the charge carrier mobil-
ity on the deformation,

µ

µ0
= f(X), for n-Si with the

deep energy level Ec − 0.17 eV at various fixed tem-
peratures (see Fig. 2). Figure 2 demonstrates that the
dependences

µ

µ0
= f(X) saturate at large X’s, which

can be explained by the complete migration of charge
carriers from four valleys, which rise at a deformation
of n-Si, when X ‖ J ‖ [100], into two valleys falling
at that. In this case, the deep level Ec − 0.17 eV ex-
changes charge carriers with only two valleys, which
therefore govern the concentration and the mobility of
charge carriers in n-Si at strong uniaxial deformations
[13].
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3. Results of Calculations and Their Discussion

If the isoenergetic surface is an ellipsoid of revolution,
the mobility of charge carriers in an arbitrary direction
is determined by the relation [5]

µ = µ⊥ sin2 θ + µ‖ cos2 θ, (2)

where θ is the angle between the considered direction
and the principal axis of the ellipsoid, and µ⊥ and µ‖
are the mobilities of charge carriers across and along the
ellipsoid axis, respectively. For n-Si, if X ‖ [100], the
ellipsoids are at mutually perpendicular axes. Therefore,
taking Eq. (2) into account, we obtain

µ1 = µ‖, µ2 = µ⊥. (3)

The specific electroconductance of the n-Si crystal at the
deformation X ‖ [100] looks like

σX = 2en1(X)µ‖ + 4en2(X)µ⊥ = en(X)µ(X), (4)

where n1(X) and n2(X) are the concentrations of charge
carriers in the valleys that rise and fall, respectively, at
the deformation, and n(X) is the total charge carrier
concentration in the conduction band at the deforma-
tion.

Since the concentration of ionized centers with the
level Ec − 0.17 eV depends on the mechanical stress
X, the anisotropy parameter of relaxation times, Kτ ,
evidently also depends on X. Therefore, it is impossi-
ble to determine Kτ for n-Si with the deep energy level
Ec − 0.17 eV from the measurements of the longitudi-
nal piezoresistance, as it was done in work [14] for shal-
low levels, where the necessary conditions are a constant
concentration of charge carriers in the conduction band
and the absence of intervalley scattering, which actively
reveals itself at T > 100 K.

Let us write down expression (4) for two mechanical
stresses X1 and X2, which differ a little from each other.
In so doing, we may consider that, when the deformation
X varies from X1 to X2, the concentration of ionized
centers with the level Ec − 0.17 eV remains constant.
Hence,

σX1 = 2en1(X1)µ‖ + 4en2(X1)µ⊥ = en(X1)µ(X1), (5)

σX2 = 2en1(X2)µ‖ + 4en2(X2)µ⊥ = en(X2)µ(X2). (6)

In addition, we may write down{
2n1(X1)+ 4n2(X1)= n(X1)
2n1(X2)+ 4n2(X2)= n(X2)

,

{
n2(X1)
n1(X1)

= e−
ΔE1
kT = a1,

n2(X2)
n1(X2)

= e−
ΔE2
kT = a2,

(7)

where ΔE1 and ΔE2 are the values of energy gaps that
arise between two falling and four rising valleys at differ-
ent values (X1 and X2, respectively) of deformation in
n-Si along the crystallographic direction [100]. Taking
Eqs. (5)–(7) into account, we obtain

µ(X1)
µ(X2)

=
µ‖ + 2µ⊥a1

µ‖ + 2µ⊥a2

1 + 2a2

1 + 2a1
(8)

or

µ(X1)
µ(X2)

=
1 + 2Ka1

1 + 2Ka2

1 + 2a2

1 + 2a1
, (9)

where K =
µ⊥
µ‖

is the parameter of charge carrier mobil-

ity anisotropy. From Eq. (9), we determine the quantity
K,

K =
(1 + 2a2)µ(X2)− (1 + 2a1)µ(X1)

2a2(1 + 2a1)µ(X1)− 2a1(1 + 2a2)µ(X2)
, (10)

K =
Km

Kτ
, (11)

where Km is the parameter of effective mass anisotropy,
and Kτ is the parameter of relaxation time anisotropy.

Taking Eqs. (10) and (11) into account, we obtain

Kτ = Km
2a2(1 + 2a1)µ(X1)− 2a1(1 + 2a2)µ(X2)

(1 + 2a2)µ(X2)− (1 + 2a1)µ(X1)
.

(12)

Let us determine the quantity Kτ in the framework of
the anisotropic scattering theory [15],

Kτ =

〈
τ‖
〉

〈τ⊥〉
, (13)

where

〈
τ‖
〉

=

∞∫
0

dxx3/2e−xτ‖, 〈τ⊥〉 =

∞∫
0

dxx3/2e−xτ⊥. (14)

Under the mixed scattering conditions, the expressions
for τ‖ and τ⊥ look like

τ‖ =
a‖√
kBT 3/2

x3/2

x2 + b0
, τ⊥ =

a⊥√
kBT 3/2

x3/2

x2 + b1
, (15)

where

a‖ =
πc11~4

kBΞ2
d

√
2m‖m2

⊥

1
Φ0a

,
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a⊥=
πc11~4

kBΞ2
d

√
2m‖m2

⊥

1
Φ1a

, (16)

Φ0a = 1 + 1, 645
Ξu
Ξd

+ 1, 03
Ξ2
u

Ξ2
d

,

Φ1a = 1 + 0, 818
Ξu
Ξd

+ 0, 688
Ξ2
u

Ξ2
d

, (17)

b0 =
a‖Φ0i√

kBT 3/2τ0i(kT )
, b1 =

a⊥Φ1i√
kBT 3/2τ0i(kT )

, (18)

τ0i(kBT ) =
√

2m⊥ε20(kBT )3/2

πne4
√
m‖

, (19)

n is the concentration of ionized centers, ε0 is the dielec-
tric permeability, e is the electron charge,

Φ0i=
3

2β3

[(
β

1 + β2
− a
)

lnγ2 − a ln
(
1+β2

)
+ 2L(a)+

+
βγ2

2

(
β2 − 1
β2 + 1

+
a(β2 + 1)

β

)]
,

Φ1i=
3

4β3

[
((1−β2)a−β) ln γ2+ 2(β2−1)L(a)−2β2a−

−(β2−1)a ln(1+β2)+
γ2

2
(β(1+3β2)+a(3β4+2β2−1))

]
, (20)

β2 = m‖−m⊥
m⊥

, a = arctanβ, L(a) = −
a∫
0

ln cosϕdϕ is the

Lobachevskii function, γ2 = π~2e2

2m‖ε0k
2
B
· n
T 2x , and x = ε

kBT
.

In view of Eqs. (16) and (19), expressions (18) can be
rewritten as follows:

b0 =
nAΦ0i

Ξ2
dΦ0a

, b1 =
nAΦ1i

Ξ2
dΦ1a

, (21)

where A = π2c11~4e4

2k3
Bm

2
⊥T

3ε20
. According to Eqs. (12)–(21), we

obtain

Φ1a

Φ0a

∞∫
0

dx(x3e−x)
/
(x2 + nAΦ0i

Ξ2
dΦ0a

)

∞∫
0

dx(x3e−x)
/
(x2 + nAΦ1i

Ξ2
dΦ1a

)
=

= Km

2a2(1 + 2a1)
µ(X1)
µ0
− 2a1(1 + 2a2)

µ(X2)
µ0

(1 + 2a2)
µ(X2)
µ0
− (1 + 2a1)

µ(X1)
µ0

. (22)

Differentiating Eq. (4) with respect to X, we obtain

dσ

dX
= e

(
µ
dn

dX
+ n

dµ

dX

)
(23)

or

− 1
ρ2

dρ

dX
= e

(
µ
dn

dX
+ n

dµ

dX

)
. (24)

The concentration of electrons in a deformed semi-
conductor in the presence of a deep energy level is de-
termined by the formula [16]

n = n0e
− ΔE
αkT , (25)

where ΔE is the change of the energy gap between the
deep level and the conduction band bottom at a deforma-
tion, α is a coefficient that varies from 1 to 2 depending
on the degree of deep level filling, and n0 is the concen-
tration of electrons in the undeformed semiconductor.
With regard for Eq. (25), we obtain

dρ

dX
= −enρ2 dµ

dX
+

ρ

αkT

d(ΔE)
dX

. (26)

Since the dependence ρX
ρo

= f(X) has a maximum
at X = X0 (see Fig. 1, curve 1 ), this means that
dρ
dX

∣∣∣
X=X0

= 0.

At strong uniaxial deformations, ΔE = d(ΔE)
dX X [9].

Then, in accordance with Eqs. (25) and (26), we obtain

ln (en0µ(X0)ρ(X0))
X0

=
1

µ(X0)
dµ

dX

∣∣∣∣
X=X0

. (27)

If the mechanical stress along the crystallographic direc-
tion [100] X ≥ X0, the specific electric conductance of
n-Si is determined only by two valleys with the charge
carrier mobility µ = µ‖. In view of the relation

µ‖ =
e

m‖
〈τ‖〉, (28)

and expressions (14)–(20), Eq. (27) can be written down
in the form

ln (en0µ(X0)ρ(X0))
X0

=

=
1

µ(X0)
eπc11~4

(kBT )3/2Ξ2
d

√
2m3
‖m

2
⊥

×

ISSN 2071-0194. Ukr. J. Phys. 2012. Vol. 57, No. 6 639



S.V. LUNIOV, L.I. PANASIUK, S.A. FEDOSOV

× d

dX

 ∞∫
0

dx
x3e−x

x2 + nAΦ0i
Ξ2
d

Φ0a

∣∣∣∣∣∣
X=X0

, (29)

or

B

∞∫
0

dx
x3e−x(

x2 + AΦ0i
eµ(X0)ρ(X0)Ξ2

dΦ0a

)2 = eµ2(X0)ρ(X0), (30)

where B = AΦ0iπc11~4e

(kBT )3/2Ξ4
dΦ0a

√
2m3
‖m

2
⊥

.

According to Eqs. (22) and (30), we obtain the follow-
ing system of two equations for the desired deformation
potential constants Ξu and Ξd:

Φ1a
Φ0a

∞∫
0

x3e−xdx
x2+

nAΦ0i
Ξ2
d
Φ0a

∞∫
0

x3e−xdx
x2+

nAΦ1i
Ξ2
d
Φ1a

=Km
2a2(1+2a1)

µ(X1)
µ0
−2a1(1+2a2)

µ(X2)
µ0

(1+2a2)
µ(X2)
µ0
−(1+2a1)

µ(X1)
µ0

,

B
∞∫
0

x3e−xdx(
x2+

AΦ0i
eµ(X0)ρ(X0)Ξ2

d
Φ0a

)2 =eµ2(X0)ρ(X0).

(31)

This system has two pairs of solutions: (1) Ξu = 9.23 eV
and Ξd = −2.12 eV, and (2) Ξu = −66 eV and Ξd =
29 eV. The second pair must be rejected because of the
following reasons.
1. At a deformation, four valleys would have to fall on
the energy scale. However, this result contradicts the
reliable experimental and theoretical regularities estab-
lished in the Smith–Herring piezoresistance effect.
2. The shift rate for the deep level of the A-center in
n-Si at a uniaxial deformation turns out considerably
overestimated for all crystallographic directions.
3. The value of charge carrier mobility in n-Si crystals
calculated in the framework of the anisotropic scattering
theory is much lower than the experimental one.

The reliability of the results obtained is confirmed by
the fact that the value of deformation potential constant
Ξu = 9.23 eV calculated in this work is rather close to
the value Ξu = 9.3 eV obtained earlier for pure sili-
con crystals, mainly under phonon scattering conditions
[17], and for silicon crystals irradiated at small doses [18].
The method used in works [17, 18] to determine the de-
formation potential constant Ξu has restrictions by the
temperature and the impurity concentration. The corre-
sponding constant in silicon can be determined precisely
enough on the basis of this method only if the piezoresis-
tance at a uniaxial deformation is created by a redistri-
bution of charge carriers between the valleys. However,
if the concentration of radiation-induced defects – e.g.,

A-centers – at the γ-irradiation attains values, at which
the variation in their filling degree at a deformation can
appreciably affect the concentration of charge carriers in
the conduction band, the application of this method is
impossible.

4. Conclusions

To summarize, first, the method proposed in this work
allows both constants of the deformation potential, Ξu
and Ξd, to be determined at a simultaneous action of
various mechanisms giving rise to the piezoresistance.
Second, it enables the corresponding constants to be de-
termined at an arbitrary concentration of both shallow
and deep centers in silicon crystals, which is important
at the manufacturing of various kinds of pressure trans-
ducers and sensors with given parameters. The method
proposed for the determination of the deformation po-
tential constants could be approbated to determine the
relevant constants for such technically important multi-
valley semiconductors, as Ge, GaAs, GaSb, CdSb, and
others.
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КОНСТАНТИ ДЕФОРМАЦIЙНОГО ПОТЕНЦIАЛУ Ξu та Ξd

У n-Si, ВИЗНАЧЕНI МЕТОДОМ ТЕНЗОРЕЗИСТИВНОГО
ЕФЕКТУ

С.В. Луньов, Л.I. Панасюк, С.А. Федосов

Р е з ю м е

На основi вимiрювань поздовжнього п’єзоопору для випадку,
коли X//J//[100], i теорiї анiзотропного розсiяння визначено
константи деформацiйного потенцiалу Ξu та Ξd в γ-опромiне-
ному n-Si. Показано, що при визначеннi параметра анiзотро-
пiї часiв релаксацiї для n-Si з глибоким енергетичним рiвнем
Ec − 0, 17 eB необхiдно враховувати залежнiсть концентрацiї
iонiзованих глибоких центрiв вiд деформацiї.
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