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FORMATION OF PERIODIC
STRUCTURES UNDER THE INFLUENCE
OF AN ACOUSTIC WAVE IN SEMICONDUCTORS
WITH A TWO-COMPONENT DEFECT SUBSYSTEMPACS 66.30.Lw, 43.35.Fj

A deformation-diffusion model describing the formation of periodic structures in semiconduc-
tors with a two-component defect subsystem by means of an acoustic wave has been devel-
oped. The theory makes allowance for the deformation created by the acoustic wave and point
defects. In the framework of this model, a possibility of the ultrasound-stimulated hydrogen
passivation of electrically active Cl centers in the CdTe semiconductor and the size dispersion
reduction of strained InAs/GaAs quantum dots doped with an isovalent impurity are analyzed.

K e yw o r d s: point defects, acoustic wave, diffusion, deformation.

1. Introduction
The optical and electric properties of semiconductors
are known to substantially depend on both the lattice
deformation and the spatial distribution of point de-
fects. Such defects can penetrate from outside or arise
in the course of crystal growth. Diffusion processes as-
sociated with the introduction of impurities into the
semiconductor structure also play an important role
in the manufacture technology of optoelectronic de-
vices. The character of a deformation of the crystal
lattice is governed by both the presence of point de-
fects and the influence of external factors, e.g., an
acoustic wave.

It was shown in works [1–3] that an ultrasonic
wave can be used to control the transport properties
of semiconductors and change their defect structure.
This possibility is associated with the diffusion pro-
cesses of impurity atoms, the formation and decay of
complexes, and the clustering of impurity atoms and
intrinsic defects in periodic deformation fields. The-
refore, the development of a theoretical model that
would self-consistently describe diffusion-deformation
phenomena in semiconductors with intrinsic point de-
fects and impurities, which are controllable by means
of an acoustic wave, is a challenging task.

In works [4, 5], the corresponding theory was de-
veloped for the case of one-component defect subsys-
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tem, i.e. for the interaction of an acoustic wave with
defects of one kind only. However, for a number of
practical problems (the passivation of electrically ac-
tive centers by hydrogen, the creation of an array of
homogeneous quantum dots with impurities, the en-
hancement of the diffusion coefficient, and so forth),
the deformation field can be created by both an ul-
trasonic wave and defects of several kinds. In the case
of multicomponent defect subsystem, the flux of in-
trinsic defects and impurities depends not only on the
intrinsic gradient field, but also on the field associated
with the gradients of other defect concentrations [6].

In this work, a model of self-consistent deforma-
tion-diffusion redistribution of point defects under the
influence of ultrasound in semiconductors with a two-
component defect subsystem will be developed.

2. Model

Let a semiconductor with point defects of two kinds
with the average concentrations 𝑁𝑑01 and 𝑁𝑑02 un-
dergo the action of an acoustic wave. The non-uni-
form deformation of this semiconductor material re-
sults from two factors: the acoustic wave action and
the non-uniform redistribution of point defects. The
expression for the crystal lattice deformation can be
presented in the form

𝜀(𝑥, 𝑡) = 𝜀0 cos

(︂
𝜔𝑡− 𝜔

𝑐𝑙
𝑥

)︂
+

𝜃𝑑1
𝐾

𝑁𝑑1(𝑥, 𝑡)+

+
𝜃𝑑2
𝐾

𝑁𝑑2(𝑥, 𝑡), (1)
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where 𝜀0 is the amplitude of the deformation induced
by an acoustic wave with frequency 𝜔, 𝑐𝑙 the lon-
gitudinal sound velocity, 𝜃𝑑𝑖 = 𝐾ΔΩ𝑖 the deforma-
tion potential, 𝐾 the elasticity modulus, and ΔΩ the
crystal volume change per 𝑖-th (𝑖 = 1, 2) defect. For
interstitial atoms and substitutional impurities with
the ionic radius exceeding the ionic radius of matrix
atoms, the deformation potential 𝜃𝑑𝑖 > 0, whereas,
for vacancies and substitutional impurities with ionic
radius smaller than the ionic radius of matrix atoms,
𝜃𝑑𝑖 < 0.

Knowing the energy of interaction between a point
defect and the elastic continuum,

𝑊𝑑𝑖 (𝑥, 𝑡) = −𝜃𝑑𝑖𝜀 (𝑥, 𝑡), (2)

the force acting on the point defect can be deter-
mined:

𝐹𝑖 = −𝜕𝑊𝑑𝑖(𝑥, 𝑡)

𝜕𝑥
= 𝜃𝑑𝑖

𝜕𝜀(𝑥, 𝑡)

𝜕𝑥
. (3)

Under the action of this force, besides the ordinary
diffusion-driven flux of defects, there arises an addi-
tional deformation-induced flux

𝑗𝑑𝑖 = 𝜐𝑖𝑁𝑑𝑖, (4)

where 𝜐𝑖 = 𝐷𝑖𝜃𝑑𝑖
𝑘𝑇

𝜕𝜀(𝑥,𝑡)
𝜕𝑥 is the defect velocity emerging

as a result of the strain gradient in the semiconductor,
𝐷𝑖 is the diffusion coefficient, and 𝑘 the Boltzmann
constant. In view of Eq. (4), the system of equations
for diffusing defects acquires the form

𝜕𝑁𝑑𝑖 (𝑥, 𝑡)

𝜕𝑡
= 𝐷𝑖

𝜕2𝑁𝑑𝑖 (𝑥, 𝑡)

𝜕𝑥2
−

− 𝐷𝑖𝜃𝑑𝑖
𝑘𝑇

𝜕

𝜕𝑥

(︂
𝑁𝑑𝑖(𝑥, 𝑡)

𝜕𝜀 (𝑥, 𝑡)

𝜕𝑥

)︂
+𝐺𝑑𝑖−

𝑁𝑑𝑖(𝑥, 𝑡)

𝜏𝑑𝑖
, (5)

where 𝐺𝑑𝑖 is the rate of point defect generation, which
depends on the ultrasound intensity and the energy of
defect formation in the semiconductor; and 𝜏𝑑𝑖 is the
defect lifetime, which is determined by the relation
𝜏𝑑𝑖 = 𝜈−1

𝑖 exp(Δ𝐸𝑖/𝑘𝑇 ), where 𝜈𝑖 = = 1012÷1013 Hz
is the frequency of thermal defect vibrations, and
𝐸𝑖 = 1÷4 eV is the potential barrier height [6].

Let us write the defect concentration in the form

𝑁𝑑𝑖(𝑥, 𝑡) = 𝑁𝑑0𝑖 +𝑁
(𝑖)
𝑑 (𝑥, 𝑡), (6)

where 𝑁
(𝑖)
𝑑 (𝑥, 𝑡) is its spatially non-uniform compo-

nent. Taking Eq. (1) into account and making the ap-
proximation 𝑁

(𝑖)
𝑑 ≪ 𝑁𝑑0𝑖, we obtain the following

system of equations for 𝑁 𝑖
𝑑(𝑥, 𝑡):

𝜕𝑁
(1)
𝑑 (𝑥, 𝑡)

𝜕𝑡
= 𝐷1

𝜕2𝑁
(1)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
−

−𝐷1
𝑁𝑑01

𝑁𝑑𝑐1

(︃
𝜕2𝑁

(1)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
+

𝜃𝑑2
𝜃𝑑1

𝜕2𝑁
(2)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
−

− 𝐾𝜀0
𝜃𝑑1

(︂
𝜔

𝑐𝑙

)︂2
cos

(︂
𝜔𝑡− 𝜔

𝑐𝑙
𝑥

)︂)︃
+𝐺′

𝑑1 −
𝑁

(1)
𝑑 (𝑥, 𝑡)

𝜏𝑑1
, (7)

𝜕𝑁
(2)
𝑑 (𝑥, 𝑡)

𝜕𝑡
= 𝐷2

𝜕2𝑁
(2)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
−

−𝐷2
𝑁𝑑02

𝑁𝑑𝑐2

(︃
𝜕2𝑁

(2)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
+

𝜃𝑑1
𝜃𝑑2

𝜕2𝑁
(1)
𝑑 (𝑥, 𝑡)

𝜕𝑥2
−

− 𝐾

𝜃𝑑2
𝜀0

(︂
𝜔

𝑐𝑙

)︂2
cos

(︂
𝜔𝑡− 𝜔

𝑐𝑙
𝑥

)︂)︃
+𝐺′

𝑑2−
𝑁

(2)
𝑑 (𝑥, 𝑡)

𝜏𝑑2
, (8)

where 𝑁𝑑𝑐𝑖 =
𝐾·𝑘𝑇
𝜃2
𝑑𝑖

and 𝐺′
𝑑𝑖 = 𝐺𝑑𝑖 − 𝑁𝑑0𝑖

𝜏𝑑𝑖
.

In order to find a solution of the system of differ-
ential equations (7) and (8), let us apply the integral
Laplace transformation

𝑋𝑖(𝑥, 𝑝) =

∞∫︁
0

𝑁
(𝑖)
𝑑 (𝑥, 𝑡)𝑒−𝑝𝑡𝑑𝑡. (9)

Then the system of equations (7) and (8) reads

𝑝𝑋1 −𝑁
(1)
𝑑 (𝑥, 0) = 𝐷1

(︂
1− 𝑁𝑑01

𝑁𝑑𝑐1

)︂
𝜕2𝑋1

𝜕𝑥2
+

𝐺′
𝑑1

𝑝
−

− 𝑋1

𝜏𝑑1
−𝐷1

𝑁𝑑01

𝑁𝑑𝑐1

𝜃𝑑2
𝜃𝑑1

𝜕2𝑋2

𝜕𝑥2
+𝐷1

𝑁𝑑01

𝑁𝑑𝑐1

𝐾

𝜃𝑑1
𝜀0

(︂
𝜔

𝑐𝑙

)︂2
×

×
(︂

𝑝

𝑝2 + 𝜔2
cos

(︂
𝜔

𝑐𝑙
𝑥

)︂
+

𝜔

𝑝2 + 𝜔2
sin

(︂
𝜔

𝑐𝑙
𝑥

)︂)︂
, (10)

𝑝𝑋2 −𝑁
(2)
𝑑 (𝑥, 0) = 𝐷2

(︂
1− 𝑁𝑑02

𝑁𝑑𝑐2

)︂
𝜕2𝑋2

𝜕𝑥2
+

𝐺′
𝑑2

𝑝
−

− 𝑋2

𝜏𝑑2
−𝐷2

𝑁𝑑02

𝑁𝑑𝑐2

𝜃𝑑1
𝜃𝑑2

𝜕2𝑋1

𝜕𝑥2
+𝐷2

𝑁𝑑02

𝑁𝑑𝑐2

𝐾

𝜃𝑑2
𝜀0

(︂
𝜔

𝑐𝑙

)︂2
×

×
(︂

𝑝

𝑝2 + 𝜔2
cos

(︂
𝜔

𝑐𝑙
𝑥

)︂
+

𝜔

𝑝2 + 𝜔2
sin

(︂
𝜔

𝑐𝑙
𝑥

)︂)︂
, (11)

where 𝑁
(𝑖)
𝑑 (𝑥, 0) is the spatially non-uniform compo-

nent of the initial distribution of defect concentration.
By finding the solution of the system of differential

equations (10) and (11), which is finite as 𝑥 → ±∞
and satisfies the initial condition 𝑁

(𝑖)
𝑑 (𝑥, 0) = 0, and

applying the inverse Laplace transformation, we ob-
tain the space-time redistribution of point defects of
both kinds, 𝑁𝑑1(𝑥, 𝑡) and 𝑁𝑑2(𝑥, 𝑡), under the influ-
ence of an acoustic wave and the strain distribution
𝜀(𝑥, 𝑡) created by both ultrasound and point defects.
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3. Results of Numerical
Calculations and Their Discussion

1. In Fig. 1, the spatial redistributions of Cl impu-
rities (curve 1) (𝑁𝑑0Cl = 5 × 1019 cm−3) and hydro-
gen (curves 2 to 4) in the CdTe semiconductor un-
der the influence of an acoustic wave are presented
for various hydrogen concentrations and at various
temperatures. The numerical calculations were car-
ried out with the following parameters: 𝜔 = 108 s−1,
𝜀0 = 10−5, 𝑐𝑙 = 3570 m/s, 𝜃𝑑Cl = 13 eV, 𝐷Cl =
= 1.7 × 105 exp

(︀
− 0.56

𝑘𝑇

)︀
cm2/s [6], and 𝐷H = 1.5×

× 10−4 exp
(︀
− 0.12

𝑘𝑇

)︀
cm2/s [7]. At those values, the

condition 1/𝜏𝑑𝑖 ≪
𝐷𝑖𝜃𝑑𝑖𝜀
𝑘𝑇

(︀
𝜔
𝑐𝑙

)︀2 is satisfied. In this case,
the last term in Eq. (5) can be neglected (𝜏−1

𝑑𝑖 = 0). In
the calculations, we also supposed no defect genera-
tion under the influence of ultrasound (𝐺𝑑𝑖 = 0). The
calculations were carried out for the point defect con-
centration in the interval 𝑁𝑑0𝑖 < 𝑁𝑑𝑐𝑖, because, at
higher concentrations, the nonlinear interaction of
point defects with the field of elastic deformations
[4, 8, 9] becomes essential, which was not taken into
account in the model concerned.

Under the action of an external periodic non-
uniform deformation in the semiconductor material,
there arises, besides the gradient flux, an additional
deformation-induced flux of defects. It leads to the
formation of periodic defect-deformation structures
with the period equal to the ultrasound wavelength.
As one can see from Fig. 1, the oscillation amplitude
for the hydrogen impurity concentration increases
with its average concentration. At the same time, de-
spite that the average concentration of the hydrogen
impurity changes, the spatial distribution of the chlo-
rine impurity practically remains constant. The tem-
perature variation results in the amplitude change
of defect concentration oscillations and the shift of
the defect structures created by the hydrogen and
chlorine impurities with respect to each other. The
temperature reduction gives rise to the increase of
the oscillation amplitude for the defect concentra-
tions. This result follows from the fact that, as the
temperature decreases, the velocity of defects in the
deformation field increases. Simultaneously, the tem-
perature change leads to the variation in the dif-
fusion coefficients of the chlorine and hydrogen im-
purities and, accordingly, to the spatial shift of the
positions of their concentration maxima. The calcu-
lations were carried out for the time moment 𝑡 ≫

Fig. 1. Spatial redistributions of the chlorine (curve 1) and
hydrogen (curves 2 to 4) impurities under the influence of an
acoustic wave for various values of their average concentration
𝑁𝑑0H = 1020 (2), 3 × 1020, and 5 × 1020 cm−3 (4) and at
various temperatures 𝑇 = 300 (a), 600 (b), and 900 K (c)

≫ 1
𝐷𝑖

𝑁𝑑𝑐𝑖

𝑁𝑑𝑐𝑖−𝑁𝑑0𝑖

(︀
𝑐𝑙
𝜔

)︀2. In this case, the curves for 𝑁
(𝑖)
𝑑

shift in time, but their relative spatial shift remains
invariable.

In the framework of the model concerned, let us
analyze a possibility to stimulate the passivation of
electrically active Cl centers by hydrogen in the CdTe
semiconductor with the help of ultrasound. The hy-
drogenation of heterostructures and bulk semicon-
ductors gives rise to the photoluminescence intensity
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Fig. 2. Spatial redistributions of In (1), Bi (2), Sb (3), and P
(4) at various temperatures 𝑇 = 450 (a), 600 (b), and 900 K (c)

growth, which can be explained by the hydrogen-
induced passivation of non-radiative recombination
centers [1, 10–13]. However, in heterostructures with
stressed quantum wells, the passivation degree of
defects is much lower [10, 13]. It is so because the
stressed layers can slow down the diffusion of defects
and impurities. A considerable difference between the
diffusion coefficients of defects and hydrogen atoms
also promotes their accumulation in different regions
of the material and, accordingly, a reduction of the
passivation degree.

The creation of an additional strain gradient un-
der the influence of ultrasound should promote the

emergence of directed defect and impurity fluxes. On
the other hand, the optimum choice of parameters
(the temperature and the concentration of hydrogen
atoms) should allow the impurities and defects to re-
distribute in such a manner that the effect of defect
passivation would be maximum.

In particular, at the temperature 𝑇 = 900 K and
the hydrogen concentration 𝑁𝑑0H = 5 × 1020 cm−3,
the accumulation regions for the chlorine and hy-
drogen impurities almost coincide (Fig. 1, c; curves
1 and 4). Hence, at the given parameters, the ef-
fect of the hydrogen-induced passivation of electri-
cally active centers (the chlorine impurities) is max-
imum. The obtained results qualitatively agree with
the experimental data of work [1], where it was found
that the ultrasonic treatment increases the intensity
of photoluminescence in Si, if the latter was treated
in hydrogen plasma. In this case, at higher tempera-
tures of the ultrasonic treatment, the degree of defect
passivation by hydrogen increases.

2. On the basis of the developed model, let us an-
alyze the possibility to reduce the size dispersion of
strained InAs/GaAs quantum dots (QDs) doped with
an isovalent impurity with the help of ultrasound.

Recently, a new approach has been developed to
control the properties of semiconductor heterostruc-
tures with QDs. It is based on the introduction of
a single impurity atom into the QD [14–17]. One of
the methods to form the ordered arrays of QDs is
the self-organization of QDs on a crystal surface. The
epitaxial growth kinetics and the distribution of de-
formations in the QD-matrix of a system affect the
size, shape, and arrangement of QDs in the ma-
trix. The exclusive properties of the structures with
QDs reveal themselves only in the case where the
QDs are uniform enough by their shapes and dimen-
sions. Therefore, the main task at the QD growing is
the control over their morphology: the average size,
density, uniformity, and so on. In works [14, 17], it
was found experimentally that the introduction of sil-
icon [17] and bismuth [14] impurities considerably im-
proves the optical properties of InAs/GaAs QDs. In
work [16], the theory of deformation was developed
for QDs doped with an isovalent impurity. The theory
explained experimental data on the creation of an ar-
ray of uniform InAs QDs doped with Bi [14]. Bismuth
is not an electrically active impurity, i.e. it does not
increase the charge carrier concentration. However, it
substantially changes the conditions of QD formation

744 ISSN 2071-0194. Ukr. J. Phys. 2016. Vol. 61, No. 8



Formation of Periodic Structures under the Influence

owing to the induced diffusion-deformation flux. The
direction of an atomic flux is governed by signs of the
deformation potential and the strain gradient (for-
mula (4)). In other words, defects that play the role
of stretching centers (𝜃𝑑𝑖 > 0) are accumulated in the
region with a relative stretching deformation of the
materal, whereas defects that are squeezing centers
(𝜃𝑑𝑖 < 0) are accumulated in the region with the rel-
ative squeezing deformation. Since the covalent ra-
dius of In is larger than that of Ga, In atoms can
be regarded as stretching centers. The Bi impurity is
also a stretching center. Therefore, the deformation-
induced flux of In atoms promotes their localization in
the QDs, which, accordingly, leads to the restriction
of their migration mobility and to a higher uniformity
of QD sizes.

Evidently, the creation of a non-uniform defor-
mation by an ultrasonic wave at the growth of
InAs/GaAs QD with an impurity induces additional
deformation fluxes of In atoms, which would result
in their higher localization in the QDs, provided a
proper choice of corresponding parameters.

Let us consider a semiconductor structure with
an InAs/GaAs QD doped with an isovalent im-
purity. The latter is an As-atom substitutional de-
fect. Depending on impurity’s ionic radius 𝑟𝑖, the in-
crease of the QD volume amounts to ΔΩ𝑖 =

4
3𝜋(𝑟

3
𝑖 −

− 𝑟3As). The ionic radii of In, Ga, and As, as well
as isovalent impurities Bi, Sb, and P, are listed in
Table.

Numerical calculations were carried out for the
following parameters: 𝜔 = 1011 s−1, 𝜀0 = 0.00001,
𝐾 = 6500 eV/nm3, 𝑐𝑙 = 3500 m/s, 𝐷In = 6×
× 105 exp

(︀
− 4

𝑘𝑇

)︀
cm2/s [6], and 𝐷P = 1.26×

× 102 exp
(︀
− 2.7

𝑘𝑇

)︀
cm2/s [7]. There are no data in the

scientific literature concerning the temperature de-
pendences of the diffusion coefficients for Bi and Sb
in InAs. Therefore, in calculations, we used the same
values as for P.

Ion Ionic radius, 𝑟𝑖, nm

Ga3+ 0.062 [6]
In3+ 0.092 [6]
As3+ 0.069 [6]
Bi3+ 0.12 [6]
Sb3+ 0.082 [6]
P3+ 0.044 [18]

In Fig. 2, the spatial redistributions of In, which
is a substitutional defect, with the concentration
𝑁𝑑0In = 1020 cm−3 (curve 1) and the isovalent impu-
rities Bi, Sb, and P (curves 2, 3, and 4, respectively)
in the GaAs matrix under the action of an acoustic
wave at various temperatures are shown. In the tem-
perature interval 600–900 K (Figs. 2, b and c), the
ultrasonic wave favors the accumulation of In and Bi
(Sb) in the same spatial regions. This fact should pro-
mote the size uniformity enhancement over the QD
array. The strain gradient is much larger if Bi impu-
rities are available, which is associated with a larger
difference between the ionic radii of Bi3+ and As3+
in comparison with that between Sb3+ and As3+. On
the contrary, In and P are accumulated in different
spatial regions, which should result in a larger disper-
sion of the QD sizes. This conclusion follows from the
fact that the ionic radius of P3+ is smaller than that
of As3+, so that the P impurities are localized at the
strain minima.

However, by lowering the temperature (𝑇 <500K),
it is possible to obtain a partial overlapping of the re-
gions, where the P and In impurities are accumulated
(Fig. 2, a). In this case, on the contrary, a delocaliza-
tion of In atoms around the Sb and Bi impurities
is observed. The largest shift of the In concentration
maximum with respect to impurities amounts to a
quarter-wavelength.

The obtained results qualitatively agree with the
experimental data of work [19]. Namely, it was found
that the ultrasonic treatment of semiconductor quan-
tum dots for 5–90 min in the course of their synthesis
allows one to obtain nanoclusters that are more uni-
form by dimensions.

4. Conclusions

A theory describing the formation of periodic defect-
deformation structures under the influence of acoustic
waves in semiconductors with a two-component de-
fect subsystem has been developed. It is found that,
under the influence of an acoustic wave with the op-
timal choice of parameters (hydrogen concentration,
temperature, and frequency and amplitude of ultra-
sound), the effect of the defect passivation by hydro-
gen becomes stronger. It is shown that the ultrasonic
treatment of structures with quantum dots should en-
hance the procedure efficiency, while creating an ar-
ray of uniform quantum dots, by using the doping
with the Bi isovalent impurity.
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Р.М. Пелещак, О.В. Кузик, О.О. Данькiв

ФОРМУВАННЯ ПЕРIОДИЧНИХ
СТРУКТУР ПIД ВПЛИВОМ АКУСТИЧНОЇ ХВИЛI
У НАПIВПРОВIДНИКАХ З ДВОКОМПОНЕНТНОЮ
ДЕФЕКТНОЮ ПIДСИСТЕМОЮ

Р е з ю м е

Побудовано деформацiйно-дифузiйну модель формування
перiодичних структур пiд впливом акустичної хвилi у на-
пiвпровiдниках з двокомпонентною дефектною пiдсисте-
мою. Запропонована теорiя враховує деформацiю, створену
акустичною хвилею та точковими дефектами. У межах да-
ної моделi проаналiзовано можливiсть стимулювання уль-
тразвуком пасивацiї електрично активних центрiв Cl во-
днем у напiвпровiднику CdTe та зменшення дисперсiї роз-
мiрiв напружених квантових точок InAs/GaAs, легованих
iзовалентною домiшкою.
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